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Cau 1: Néu mot cung tron c6 s6 do 1a 20 d6 thi s do radian caa no Ia:

AT
10

@

r
9
c. k.
8
T

D. —.

11
Phwong phap
Sir dyng cong thirc: o’ = oc.lirad.
Loi giai
Taco: 20° =20~ =T

180 9

Dap an B.
Cau 2: Chon dap an dung
A. cos(a+b)=cosacosb+sinasinb.
B. cos(a+b)=cosasinb—sinacosb.
C. cos(a+b)=cosacosh—sinasinb.

D. cos(a+b)=cosasinb+sinacosb.
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Phuwong phap

St dung cong thic: cos(a+b)=cosacosb—sinasinb.
Loi giai

Tac6:cos(a+b)=cosacosh—sinasinb

Pap an C.

Cau 3: Nghiém cua phuong trinh sin x :sing la:

x =21 k2n
A. g’ (keZ).
x ="+ k2n
L3
x =2 +kn
B.| 3 (kez).
2n
X=—+Kkn
L 3

C. X=i§+k2n(keZ).

D. X:iz—;+kn(keZ).

Phwong phap
Phuong trinh sinx =sina.c6 nghiém: x=a+k2n,keZ va x=n—a+k2n,keZ
Loi giai
x =L 1 k2n x =21 kon
sinx =sin = < 3 (keZ)e 3 (keZ)
3 X=n-L4+k2n x =" k2n

3 3
Dap an A.
Cau 4: Tap xac dinh cua D cua ham sé y = cotx la:
A.D=R.

B. D=R\{%|keZ}.

C. D=R\{k2n[keZ}.
D. D=R\{kn|k e Z}.

Phwong phap
Sir dung kién thirc vé tap xac dinh caa ham sé luong giéc: Ham s y = cotx ¢ tap xéac dinh 1a

D=R\{kn|k e Z|

Loi giai

Ham s y = cotx co tap xéc dinh 1a D =R \{kn|k € Z|
Dap an D.

Truy cdp https://loigicihay.com/ dé xem I&i gidi SGK, SBT, VBT t118p 1 - 18p 12 tét c& céc mdn




I.oigiaihay.com

Cau 5: Ham sb y = tan x tuan hoan vai chu ki 1a:
AL
2
B. .
¢ ¥
2
D. 2x.
Phwong phap
Str dung kién thirc vé db thi va tinh chit cia ham s y = tanx : Ham s y = tanx tuan hoan véi chu ki =
Loi gia
Ham sé y = tanx tuan hoan vai chu ki n
Pap an B.
Cau 6: Trong cac day s sau, ddy sé nao la day sb ting?
A.1;2;3;4; ...
B.4;3;2;5; ...
C.1;2;1;2; ...
D.4;3;1;2; ...
Phwong phap
Sir dung kién thtic vé day sb tang: Day s6 (u, ) duoc goi la ddy sé tang néu ta co: u

neN*

Loi giai

Trong cac dy s trén, chi co diy s6 1; 2; 3; 4; ... c6 1<2<3<4... nén day sb 1;2; 3; 4; ... 1a diy sb
tang.

> U, Voi moi

n+1

Dap an A.

Cau 7: Trong cac day sb sau, day sé nao la cap sé cong?

A 1;2;3;57; ...

B.1;3;5;7;9;....

C.1;2;4;,8;16; ....

D.1;1;2;3;4; ....

Phuong phap

Str dung kién thirc vé cap sé cong: Cap s6 cong 1a mot day sb (hitu han hay vé han), trong d6 ké tir s6
hang thtr hai, mdi s6 hang déu bang sé hang dimg ngay trudc né cong vai mot s6 khong doi d.

Loi giai

Trong cé4c day sé trén, chi ¢ day s6 1; 3; 5; 7; 9; ... c6 ké tir s6 hang tha hai, mdi s6 hang déu biang sé
hang dimg ngay truéc N6 cong véi mot sé khong doi d (d = 2)

Pap an B.

Cau 8: Day sd nao dudi day duoc viét dudi dang cong thic cua sé hang tong quat?

A.1;4;7;8;10; ...

B. Day s6 géom cac s6 nguyén dwong chia hét cho 5.

C.u=2u,=3u,,-1véinx2.

D. u, :%(n eN*).

Phwong phap

Str dung kién thirc vé cach cho mot day so.
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Loi giai
~ 4 = A r: A I 5 A A z Y 1

Day s dugc viet dugi dang cong thuc cua so hang tong quat la: u, ==(n e N*)
n

Pap 4n D.
Cau 9: Biét lim u, =+, lim v, =a>0. Chon déap an diing

n—>+o nN—>+%

A. limu,v, =+ow.

nN—+w

B. limu,v, =—o.

nN—-+oo

C. limuyv,=0.

N—+0w

D. limu,v, =a.

nN—+o0
Phuong phap
Str dung quy tac vé gisi han vo cuc cia ddy so: Néu lim u, = +oo, lim v, =a >0 thi lim u v, =+o.

N—-+w n—-+oo N—-+o0
Loi giai
Néu lim u, =+, lim v, =a >0 thi lim u,v, =+wo.

N—-+o0 N—+o0 n—+oo
Pap an A.
Cau 10: Ham s nao sau day lién tuc trén R ?
A y= X+l .
X
B. y=tanx.

_x+1

C.y=";
X_

1

x> +1

Phwong phap

Str dung kién thuc vé ham sé lién tuc trén mot khoang: Ham s6 y = (x) duoc goi la lién tuc trén khoang

D.y=

(a; b) néu no lién tuc tai moi diém trén khoang nay.
Loi gidi

N A X
Ham s6 y =

5 lién tuc trén R
X +1

Pap an D.

Cau 11: Giatri caa lim 4 bang:

n—+o
Al
B. 0.
C.2.
D. 4.
Phwong phap
Sir dung cong thac: lim 1 =0

nN—+o0 n
Loi giai

Ta co: Iim£=0 nén Iimﬂ=0

n—+oo n nN—+oo n
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Pap an B.

Cau 12: Gia tri cua Iirr}(x—3) 13
A. 1l

B. 2.

C.-2.

D. +o0.

Phuwong phap

Sir dyng quy tac tinh gi¢i han cia ham sé tai mot diém: Néu limf(x)=L, limg(x)=M thi
lim[f(x)-g(x)]=L-M

Loi giai

lim(x—3)=1-3=-2

x—1

Pap an C.

Cau 13: Cho lang try tam giac ABC.A’B’C’. Khang dinh nao sau day 1a dang?

A. (ABC) // (AB’C’).

B. (B’A’C’) /] (B’AC).

C.(ABC) /I (A’B’C).

D. (ABC) // (A’B’C’).

Phuong phap

Str dung kién thirc vé hinh ling try tam giac: Hinh ling tru c6 hai day song song véi nhau.
Loi giai

Hinh lang try tam gidc ABC.A’B’C’ ¢6 (ABC) // (A’B’C”).

Pap an D.

Cau 14: Cho dudng thang d va mat phang (o) khong cé diém chung. Két luan nao sau déy la ding?
A.d/ /(oc) .

B.dcit (o).

C.d namtrong (o).

D. d cat a hogc d nam trong (a.).

Phwong phap

St dung kién thic vé vi tri tuong déi gitra duong thang va mat phang: Néu d va (o) khong c6 diém
chung thi d/ /(o)

Loi giai

Néu d va () khong c6 diém chung thi d//(c)

Dap an A.

Cau 15: Cho hai duong thiang a va b trong khdng gian. C6 bao nhiéu vi tri twong ddi giita a va b?
A. 1l

B. 2.

C.4

D. 3.

Phwong phap
Str dung kién thirc vé vj tri twong di cia hai duong thiang: C6 bdn vj tri twong d6i cua hai duong thing a
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va b trong khong gian: ct nhau, tring nhau, song song va chéo nhau.

Loi giai

Hai duong thing a va b c6 thé: cit nhau, trang nhau, song song, chéo nhau.
bap an C.

Cau 16: Néu d la giao tuyén caa hai mat phang phan biét (P) va (Q) thi:
A . dc (P) .

B.dc (Q) .
C. Caa va b déu ding.
D. Caavab déu sai.
Phuwong phap
Str dung kién thirc vé giao tuyén cua hai mat phang: Puong thang chung d (néu c6) cua hai mat phang
phan biét (P) va (Q) dwoc goi la giao tuyén cua hai mat phang do.
Loi giai
Vi d 1a giao tuyén ctia hai mat phang phan biét (P) va (Q) thi d = (P) va d=(Q)
Pap an C.
Cau 17: Cho tir dign ABCD. Chon dép an dang.
A. AB va CD la hai duong thang vudng goc véi nhau.
B. AB va CD la hai duong thang cit nhau.
C. AB va CD la hai duong thang cing thugc mot mit phang.
D. AB va CD 1a hai dudng thing chéo nhau.
Phwong phap
Str dung kién thirc vé hai dudng thang chéo nhau: Néu hai duong thang a va b khéng cting nam trong bt
Ki mot mat phang nao thi ta né a va b chéo nhau.
Lo giai
Vi hai dudng thang AB va CD khong cling nam trong mot mat phang nao nén AB va CD 14 hai duong
thang chéo nhau.
Pap an D.
Cau 18: Gia tri 16n nhat ciia ham s6 y = 2cosx +1 bang:
A. -1.
B. 1.
C.3.
&
2
Phwong phap
Sir dung kién thirc vé ham sé luong giac: —1<cosx <1 véi moi s thuc x.
Lo giai
Vi cosx<1VxeR=2c0sXx<2VxeR=2cosx+1<3VxeR
Do d6, gia tri 16n nhat cia ham sé y=2cosx+1 1a 3
Pap an C.
Cau 19: Tim tat ca c4c gia tri cua m dé phuong trinh cos? X —sin?x—m=0 cd nghiém?
A m>1,
B. -1<m<1.
C. m<1.
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D. m>0.

Phuwong phap

Str dung kién thirc vé diéu kién c6 nghiém cua phuong trinh cosx = m: Phuong trinh cosx =m ¢
nghiém khi va chi khi [m| <1

Loi giai

Taco: cos’x—sin®x—m=0< cos2x =m(1)

Dé phuong trinh (1) c6 nghiém thi |m| <l -1<m<l

Pip 4n B.

Cau 20: Cho goc a thoa mén sina=% va g<oc<n. Tinh cosa .

A. cosa = -3 .

2
B. coso = ﬁ

2

+

C. cosa = £

2
D. Ca A, B, C déu sai.
Phwong phap
Sir dung cong thic: sin® o.+cos’ o =1
Loi giai

.. . 3
Tach: sina+cos? o =1<> cosa =+v1-sin’ o :ig

Ma g<oc<n nén cosa < 0. Do do, cosa=%
Pap an A.
u,=%Lu,=1

Cau 21: Cho day s6 (u,) duoc xéc dinh boi: {
un = un—l + 2un—2

(n>3,neN).Giatricua u,+u, la:

A. 4.

B. 6.

C.8.

D. 10.

Phwong phap

Tinh cac gia tri u, va u, roi tinh tong.

Lo giai

Taco6: Uu;=uU,+2u, =1+21=3;u, =u;+2u, =3+2.1=5. Do d6, u;+u, =3+5=8
Pap an C.

Cau 22: Cho cap s6 nhan (u,) c6 u, =2,q=3. Tinh téng ciia mudi s6 hang dau tién cua cap sé nhan do.
A. 59048.

B. 59084.

C. 59050.

D. 59080.
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Phwong phap
Sir dung kién thtic vé tong ctia n s6 hang dau caa mot cap sé nhan: Cho cap sé nhan (u, ) véi cong boi
C s R ) « A pia S ST ul(l_qn)
g=1. Khi do, tong cta n so hang dau tién trong cap so nhan la: S, = N
-q

Loi giai

_al0
Tong cua 10 s hang dau tién cua cip sé nhan la: S= % =59048

Dap an A.

Cau 23: Cho cap so cong (u, ) c6 u, =2;d =3. Khi dé, u, + U, bang:

A. 24.

B. 30.

C. 26.

D. 28.

Phuong phap

Sir dung kién thtrc vé cong thirc s6 hang tong quat cua cap s6 cong: Cho cap sé cong (u, ) c6 s6 hang dau
u, va cong sai d thi s6 hang tong quat u, cua né dugce xac dinh theo cong thic: u, =u, +(n-1)d.
Loi giai

Taco: u,=u,+3d=2+3.3=1%u, =u, +5d =2+5.3=17

Do do, u, +u, =11+17 =28

Pap an D.

Cau 24: Két qua cua giéi han lim X la:

x—2" X —
A 2.
B. 0.
C. —oo0.
D. 4.
Phuong phap

Str dung kién thic tinh gioi han cia thuong %: Néu limf(x)=L<0, limg(x)=0 va g(x)>0 thi

Loi giai
Taco: lim(x-16)=2-16=-14<0, lim(x—2)=0

x—2" x—2"
L. N R , .. X—16
V6i x > 2" thi x>2nén x—2>0.Do do, lim 5
x—=2" X —

= —00

bap an C.

2 — r
Cau 25: Biét ring lim =2 —avb (véi a, b Ia céc s nguyén). Chon dép én diing,

x> x —~[3
A. a’+b*=13.
B. a’+b?=9.
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C.a’+b*=6.

D. a®+b*=11.

Phuwong phap

Str dung kién thiee v& gigi han ham sé @& 1am: Nhan thiy x =+/3 12 nghiém cua ca ti thiec va mau thic
nén ta can rit phan thirc trudc khi tinh gisi han.

Loi giai

Taco: lim =3 (X_\/g)(XJﬂ/é):|im(X+\/§)=\/§+\/§=2\/§

—> = lim
x—>\3 x — \/§ x—3 X — \/5 x—3
Do dd, a=2,b=3.Suyra: a®° +b*=2*+3"=13
Dap an A.
2X+1khi x #1

lién tuc tai x, =-17?
m khix =1 e

Cau 26: Vi gia tri nao cua m thi ham s6 f(x) :{
m=2.

m=-2.

m=1.

.m=-1,

Phuong phap

Sir dung kién thtrc vé ham s6 lién tuc: Cho ham s6 y = (x) xac dinh trén khoang (a; b) chtra diem X,.

o0 w>

Ham s6 f(x) duoc goi la lién tuc tai diem x, néu lim f (x)=f(x,).

Loi giai

Tap xéac dinh ciaham s6 f(x) 1a D=R..

Ta co: lemlf (x)= XIlﬂrr_11(2x +1)=-1

Ham so da cho lién tyc tai x, =1 khi f(-1)= limf(x) & m=-1

P4p 4n D.

Cau 27: Cho tam giac ABC va mot diém S khong thuoc mat phiang ABC. Goi M, N lan luot 1a trung diém
cia AB va AC. Khi d6, giao tuyén cua hai mat phang (SBN) va (SCM) Ia:

A. SG véi G 1a giao diém cua BN va MC.

B. SN.

C. SM.

D. AG véi G la giao diém cua BN va MC.

Phwong phap

Sir dung kién thirc vé giao tuyén cua hai mit phang: Puong thang chung d (néu c6) cua hai mit phang
phan biét (P) va (Q) duoc goi la giao tuyén cua hai mit phang do.

Loi giai
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Xét mat phang (ABC), goi G 1a giao diém cua BN va CM.

Vi GeBN =G &(SBN);G eCM = G (SCM) nén G la diém chung ciia hai mat phang (SBN) va
(SCM)

Taco: SeSB=S&(SBN),SeSC = Se(SCM) nén S la diém chung cua hai mat phang (SBN) va

(SCM)

Do d6, SG la giao tuyén cua hai mat phang (SBN) va (SCM).

Dap an A.

Cau 28: Cho 4 diém phan biét A, B, C, D trong d6 khong c6 ba diém nao thang hang. Xéc dinh duoc tat ca
bao nhiéu tir 3 trong 4 diém da cho?

Al

B. 2.

C.3.

D. 4.

Phwong phap

Sir dung kién thirc vé cach xac dinh mot mat phang: Mot mat phang hoan toan duge xac dinh qua ba diém
khong thiang hang.

Lai giai

Ta xéc dinh duoc cac mat phang (ABC), (ABD), (ACD), (BCD). Do d6, xac dinh dugc 4 mat phang.

Pap an D.

Cau 29: Cho hinh chép S. ABCD c6 ddy ABCD 1a hinh binh hanh. Giao tuyén cua hai mat phiang (SAB)
va (SCD) la:

A. Puong thang m qua S vuéng goc véi AB.

B. Puong thang m qua S song song véi AB.

C. SO véi O 1a giao diém cua AC va BD.

D.Ca A, B, C déu sai.

Phwong phap

Str dung kién thirc vé giao tuyén cua hai mat phang: Néu hai mat phing chia hai duong thang song song
vé6i nhau thi giao tuyén caia chiing (néu cd) song song véi hai dudng thang d6 hodc tring véi mot trong
hai duong thang do.

Lai giai
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Ta c6: Vi ABCD Ia hinh binh hanh nén AB / CD. Ma AB c (SAB),CD  (SCD)

Do d6, giao tuyén caa hai mat phang (SAB) va (SCD) la duong thang m qua S song song véi AB.

Pap an B.

Cau 30: Cho hinh hop ABCD. A’B’C’D’ ¢6 AC cit BD tai O va A’C’ cat B’D’ tai O’. Khi d6, mit phang
(AB’D’) song song vi mat phang nao dudi day?

A. (A’0C).

B. (BDA’).

C. (BDC).

D. (BCD).

Phuwong phap

Sir dung kién thirc vé hai mat phang song song: Néu mit phang (P) chtra hai dwdng thang cat nhau va hai
duong thang nay song song voi miat phang (Q) thi (P) va (Q) song song véi nhau.

Loi giai
A
.D Sy,
Iy HC
/
! \*-
/ xl": 1B
L= T
D (o

Vi BD // B’D’ nén B’D’ // (BDC?). Vi AD’ // BC’ nén AD’ // (BDC”)

Lai c6 hai duong thing AD’ va B’D’ cét nhau va nam trong mit phing (AB’D’). Do d6, (AB’D’) //
(BDC")

Pap an C.

Phin ty luin (3 diém)

Bai 1. (1 diém) Tinh gi6i han sau: 1= lim 25X —4X
X—1 2X _ 2
Phwong phap
Sir dung kién thtrc vé giéi han cua ham sé: Rt gon biéu thirc 2—“3;)(;4)( (i 4p dung quy tic vé gidi
X —
han dé tinh.
Loi gidi

ofEix—ax  (2VBrx-ax)(2yBex+4x)  4(x+3)-167

I=1lim 22" im = lim

ol 2x—2 xo1 2(x—1)(2\/3+x+4x) "*12(x—1)(2\/3+x+4x)
“16x°+4x+12 . —4(x—1)(4x+3) i —(4x+3) -7

im =lim - -
Hl2(x—1)<2\/3+x+4x) Hl4(x—1)(\/3+x+2x) L 3+x+2x 4

Bai 2. (1 diém) Cho tir dién ABCD. Goi G la trong tdm cua tam giac ABD. M 1a diém nam trén canh BC
sao cho MB =2MC. Chitng minh rang MG // (ACD)

Phwong phap

Sir dung kién thirc vé dudng thang song song vaéi mat phang: Néu duong thang a khdng nam trong mat
phang (P) va song song vaoi mot dudng thang nam trong (P) thi a song song véi (P).

Loi gidi
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Goi E 1a trung diém cua BC. Vi G la trong tm cua tam giac BCD nén % :%
Ma MB = 2MC = 3MC = BC. Lai c6: EC = BE —%BC 'V'g %
Tam giac EDC co: &b = w( gj nén MG // CD (dinh ly Thal¢s dao)

ED EC\ 3

Ma CD = (ACD) nén MG // (ACD)
Bai 3. (0,5 diém) Cho hai s6 thuc a va b théa man diéu kién sin(a+b)—2cos(a—b)=0. Tinh gia tri ciia
1 1

biéuthue A=—— +— = |
2-sin2a 2-sin2b
Phuong phap
a+b_a-b
St dung cong thac: sina+sinb = 25mTcosT smasmb——[cos(a—b)—cos(a+b)]
Loi giai
1 1 A4—(sin2a+sin2b) 4—(sin2a+sin2b)

= + = =
2-sin2a 2-sin2b (2-sin2a)(2-sin2b) 4-2(sin2a+sin2b)+sin2a.sin2b
Vi sin(a+b)—2cos(a—b)=0=sin(a+b)=2cos(a—b)
Taco6: 4—(sin2a+sin2b)=4-2sin(a+b)cos(a—b)=4—-4cos’*(a—b)=4sin’(a—b)

Lai c6: 4—2(sin2a+sin2b)-+sin 2a.sin 2b

=4-4sin(a+b)cos(a—b)+ %[cos(Za —2b)—cos(2a+2b)]|

=4-8cos?(a—b)+= [Zcos( b)-1-1+2sin’(a+b) |

=3-7cos’(a—b)+sin*(a+b)=3-3cos*(a—b)=3sin’(a—h)
o
VéyA:4s.|n2(a b) 4
3sin’(a—b) 3

Bai 4. (0,5 diém) Chung minh rang dy s6 u_ = A O

+—t—F...+ tang va bi chan trén.
12 23 34 n(n+1)

Phwong phap

Str dung kién thuc vé day so ting: Day s6 (u,,) dwoc goi la ddy sé ting néu u,,, >u, véimei neN*

n+1
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Sir dung kién thtrc vé day sb bi chan trén: Day sb (u, ) duoc goi la bi chan trén néu tn tai mot s6 M sao

cho u, <M véi moi neN*.

Loi giai
Ta co: un:2_1+3_2+4_3+...+w=1—£+£—1+£—1+... 111
12 23 34 n(n+1) 2 2 3 3 4 n n+l n+1
Xét hiéu: u,,, —u, =1- Lot )t 1 >0=(u,) tang
n+2 n+l) n+l1 n+2

Nhan thay u,, =1—i <1=(u,) bichan trén.
n+1
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