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PE THI GIUA HQCKIi I —Péso 7
Mon: Toéan hoc - Lép 11
Bo sach Két noi tri thirc

BIEN SOAN: BAN CHUYEN MON LOIGIAIHAY.COM

ﬁ Muc tiéu
- On tdp Iy thuyét giita hoc ki I ciia chwong trinh sdch gido khoa Toan 11 — Két néi tri thirc.
- Vin dung linh hoat Iy thuyét da hoc trong viéc gidi quyét cac cau héi trac nghiém Toan hoc.

- Tong hop kién thire dang hé thong, dan trdi tat ca cdc chuwong giita hoc ki I — chirong trinh Toan 11.

““HUONG DAN GIAI CHI TIET
THWC HIEN: BAN CHUYEN MON LOIGIAHAY.COM

Phian |: CAu tric nghiém nhiéu phwong 4n lya chon. Thi sinh tra 10i tir cAu 1 dén cau 12. Mdi cau hoi thi
sinh chi chon mdt phuong an.

1.A 2.B 3.C 4. A 5.C 6.D
7.C 8.B 9. A 10.C 11.D 12.C

A f X T . N e
Cau 1. Goc c6 so6 do E radian bang bao nhiéu d¢?

A. 30°
B. 45°
C. 60°

D. 90°
Phwong phap giai:

, 180’

Ap dung quan hé gitra radian va d6: 1rad = (—j 10 = T rad.
T

Loi giai chi tiét:

n 180°

6

Ta co: T rad= =30°.
6
Pap an A.

A 1 . 3t ., . . s
Cau 2. Cho COSaz—Z VoI n<a<7. Giatricua Sino 1a?
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B. sin =—E
4
C.sina :E
16
D. sina = B
16
Phwong phap giai:

Ap dung cong thirc sin® o +c0s” o =1 va sir dung dudng tron lwong giac dé xét dau.
Loi giai chi tiét:
\15

2
Ta co: sin’a :l—coszazl—(ij :E, suy ra sinoL = +——.
4 16 4

A 3n I .. . .
Vit<a< > nén diém cudi cua cung o thudc cung phan tu thir 111, do d6 Sina < 0.

Vay sino =—
Pap an B.

37 .
Cau 3. Gia tri luong giac cos(l—;) bing?

A YEV2

4

B. Jo—va

4

6442

4

-2

4
Phwong phap giai:

C.

D.

St dung cong thirc cong lugng gidc cos(a —b) = cosa.cosb +sinb.sina.
Laoi giai chi tiét:

37 T T T T T
COS—— =C0S| 3n+— |=C0S| T+-— |=—C0S— =—COS| ———
12 12 12 12 4

= —(COSE.COSE+Sin E.sin Ej = —@.
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~ Pap 4n C.
Cau 4. Ham s6 nao sau day 12 ham sé chdn?
A.y=lsinx|
B. y =x%sinx
Cy=—>-
COS X
D. y=X+sinXx
Phwong phap giai:
Cho ham sb y = f(x) lién tuc va xéac dinh trén khoang (doan) K. Vi mdi X € K thi —x e K.
- Néu f(x) = f(-x) thi ham s6 y = f(x) 1 ham s6 chén trén tap x4c dinh.
- Néu f(-x) = -f(x) thi ham s y = f(x) 14 ham s6 1¢ trén tap xé4c dinh.
Loi giai chi tiét:
Xét phuong an A, ham s6 Y = |sin X| cotdp xacdinhD=R,suyracdé X e R thi -xeR..
Mit khac, f(-x) =[sin(-x)| =|-sinx|=sinx =f(x).
Vay ham s6 dép 4n A 12 ham sb chan.
Pap an A.
CAau 5. Nghiém cua phuong trinh cosx =0 1a?
A x=k2rn,keZ
B. x=kn,keZ

C. X=g+kn,keZ

D. X:g+k2n,keZ

Phwong phap giai:
Nghiém cua phuong trinh lugng giac co ban.
Laoi giai chi tiét:

T
cosx:0<:>x:§+kn,keZ.
Dap an C.

Cau 6. S6 hang thir 3 cua day sb
u =2u.__

A5
B.8
C.28

D13
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* Phuong phap giai:

Tim lan luot U 51 Usg bang cach thay n vao cong thirc tong quat.

Loi giai chi tiét:

Ta co:

u,=2U,,+3=2u,+3=2.1+3=5

U, =2U, ,+3=2u,+3=25+3=13

Pap an D.

Cau 7. Diy s6 nao sau day 1a cip sé cong?

A.1;4;8;10

B.2;3;5;8;9

C.0;2;4;6;8

D.1,;3;-5-7;-9

Phwong phap giai:

Diy s6 lap thanh mot cap s6 cong khi va chi khi hai phan tir lién tiép sai khac nhau mét hing sd.
Loi giai chi tiét:

Xét hiéu cac phan tir lién tiép trong cac day s, chi co diy & dap an C phan tir sau hon phan tir lién trudc 2
donvi(8-6=6-4=4-2=2-0=2).

Pap an C.
A ~ A J r A A \ 1 2 3 4 A A r 5 ~ A 1x
Cau 8. Cho day s0 co céac so hang dau 1a O;E;E;Z;g;m S6 hang tong quéat cua day so la:
n+1
AU, =—
n
n
B.u,=—
n+1
n-1
Cu,=—
n
2
n-—n
D.u,=
n+1
Phwong phap giai:

Viét cac s6 hang dau cua timg dap an dé kiém tra.
Loi giai chi tiét:
. 0 1 1 2 1 3 3 4 4
Tach: O=—; ==—; == == = =—
0+1 2 1+1 3 2+1 4 341 5 4+1
Pap an B.

n
Vay U, =77

Cau 9. Bang thdng ké thoi gian (phat) giai mot bai toan ciia mot 16p c6 45 hoc sinh duoc ghi lai nhu sau:
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Thai gian (phut)|8{10{11/12{13|14/15/16|18

S6 hoc sinh 114 14 |3 [10/7 |5 |6 |5

Khoang bién thién caa mau sé liéu trén 1a?

A. 10

B. 18

C.8

D. 12

Phwong phap giai:

Khoang bién thién bang hiéu gié tri 16n nhat va gia tri nho nhét ciia mau s liéu.

Loi giai chi tiét:

Gié tri nho nhat ctia mau 14 18, gia tri 16n nhét 1a 8 nén khoang bién thién 1a 18 — 8 = 10.
Pap an A.

Cau 10. Nhom sé liéu ghép nhom thudong duge cho dudi dang:

A. (a; b), trong d6 a 1a diu mut trai, b 13 ddu mat phai

B. [a; b], trong d6 a 1a ddu mut trai, b 1a diu mat phai

C.[a;b), trong dd a la dau mat trai, b 1a ddu mat phai

D. (a; b], trong d6 a la dau mat trai, b 1a dau mat phai

Phwong phap giai:

Ly thuyét ghép nhom méu s lidu.

Loi giai chi tiét:

Nhom s lidu ghép nhoém thuong duoc cho dudi dang [a; b), trong d6 a 1a ddu mat trai, b 1a ddu mat phai.
Pap an C.

Cau 11: Sb nghiém cua phuong trinh Sin2x +cosx =0 trén [0;2x] 1a

A.3

B.1

C.2

D.4

Phwong phap giai:

Bién ddi phuong trinh trg thanh dang phwong trinh tich, dwa vé giai phwong trinh lugng giac co ban.
Loi giai chi tiét:

Sin2x +cosX =0 < 2sinX.cosX + cosX =0 < cosx.(2sinx+1) =0
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i
X=—+Kkr
2
cosx =0
cosx =0 T )
. S 1< X=—=+k2rn véi keZ.
2sinx+1=0 sinx=—— 6
¢ i
X=—+Kk2%
i i 6
Vi X €[0;27] nén chi c6 4 nghiém thoéa man: X ={g;3§;%;%}.

Pap an D.

Céau 12. Cho cip s6 cong (U, ) c6 Uy =—10 va u,, = 60. Tong 20 sb hang dau tién cia cap sb cong la
A. 560

B. 480

C.570

D. 475

Phwong phap giai:

Tim s6 hang d4u va cong sai dya theo cong thie U, = U, +(n—1)d.

(u;+u,)n

Tir d6 tim tong 20 sb hang dau tién S, = )

Loi giai chi tiét:

. | ug=u,+4d -10=u, +4d u, =—38
Ta co: = =
U, = u, +14d 60 =u, +14d d=7

Tt d6 ta tinh duge U,, =—-38+(20-1)7 =95.

570.

Vay tong 20 s6 hang dau cua cip sé cong 1a S,

(U +U,)20 (-38+95).20
2 2

Pap an C.

Phan 11: Cau tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén cau 4. Trong mdi ¥ ), b), ¢), d) & mdi

cau, thi sinh chon ding hodc sai.
A . . T .
Cau 1. Cho phuong trinh lugng gidc 2Sin (X — Ej ++/3=0.Khido
. . s LT
a) Phuong trinh trong duong SIn (X - Ej =SIn 3

7
b) Phuong trinh ¢6 nghiém 1a X = %+ k2m; X = 1—; +k2n (keZ)

AN T
) Phuong trinh c6 nghiém am 16n nhat bang — 2
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 d) S6 nghiém ciia phuong trinh trong khoang (~m;m) 1a hai nghigm
Phwong phap gidi:
Giai phuong trinh luong gidc SinX =a:
-Néu |a| >1 thi phuong trinh v6 nghiém.
- Néu |a| <1 thi chon cung o sa0 cho sina =a. Khi d6 phuong trinh tré thanh:

_ _ x=a+k2n
sinXx =Sina < voi keZ.
X=n—a+k2n

Loi giai chi tiét:
2sin x—ﬂ +\/§=0<:>sin x—i :—£<:>sin x—l =sin _z
12 12 2 12 3
X—£=—2+k2n X=—E+k27t
12 3
= =S 17
X—£=TE+E+k2TC X=—n+k27c
12 3 12

a) Sai. 23in(x—£j+\/§= 0 sin(x—ij =—£ @Sin[x—lj =sin(—£j
12 12 2 12

3

b) Sai. Phuong trinh ¢6 nghiém 1a X = —% +k2m; x = 117_2n+ k2n (ke Z)

Lo T
c) bung. Phuong trinh c6 nghiém am 16n nhat bang I

s T n
d) Pung. Hai nghiém thudc khoang (—m;m) la X = 2 va X = RTE

Cau 2. Cho COSOL=—% va TE<OL<37TE.Khid(')

a) sina N 3
16

J15

b) sina=—
4

¢) tana =+/15

d) cota = —i

\15
Phwong phap giai:
a) Ap dung cong thirc sin® o+ cos® oo =1 va dua vao goc phan tu ctia dudng tron lugng giac dé xét diu.

b) Ap dung cong thuc sin® a.+cos o =1 va dya vao goc phén tu cia dudng tron luong gidc dé xét du.
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sina 1 '
¢) tano = ——=——
cosa  cota
cosa 1
d) cota =— =
Siho.  tana

Loi giai chi tiét:

15

2
sino+cos’a=1= coszazl—sinzazl—(——j :E:sina:iT.

1

4

. 3n " .. 5 . . \15
Vint<a< 7 nén diém cudi ctia cung o thudc goc phan tu thie Il nén Sina < 0. Vay sina = —T .

1
tang=-Mm*__ 4 _ /5. cota= > =

1
cosa /15 tano, 15

4

a) Pung.

b) Sai.

c) Pung.

d) Sai.

Cau 3. Cho diy s6 (u,) biét u, =2" +1. Khido
a) Diy s6 (u,) 1a day s6 ting

b) Day s6 (U, ) 1a diy sb bi chin

c) Ug =65

d) S6 hang thirn + 2 ciia day s6 la u,, =2".2
Phwong phap giai:

a) Dy s6 (U,) la ddy sb giamnéu U, >U_ . Diysb (U,) 1a diy s6 tingnéu U, <U_,.

b) Dy s6 (U,) 1a day s6 bi chan néu (U,) vira bi chin trén vira bi chin dudi, tirc ton tai hai s6 m, M sao
cho m<u, <M VvneN*.

c) Tinh U, bang cong thie U, =2" +1.

d) Thay n + 2 vao n trong cong thic s hang tong quat u_ = 2" +1.

Loi giai chi tiét:

a)Puing. U, —U =2""+1-(2"+1)=2"" -2" =2"(2-1) = 2" >0 v&i moi n. Viy diy sb la day tang.
b) Sai. Day khong bi chin trén vi khong co gia tri M nao dé 2" < M véi moi n. Vay diy sé khong bi chan.
c) Pung. U, =2° +1=64+1=65.

d) Sai. U, , =2"?+1=42"+1.
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Cau 4. ‘Mét thu {/ién théhg ké s6 luq}ng\se:lch\dl/rqc muon mbi hgﬁy iréng ba théing ("ybé{ng saw:

sé sach [15,5; 20,5) [20,5;25,5) [25,530,5) [30,5;35,5) [35,5;40,5) [40,5;45,5)
Gia tri dai dién 18 23 28 33 38 43
Sé ngay 3 6 15 27 22 14

a) C& mau ciia mau sb liéu 13 90.

b) Nhém chira mét cia mau sb liéu 1a nhom [35,5; 40,5).

¢) S sach dugc muon trung binh mdi ngay 1am tron dén hang phan muoi 1a 34,6.
d) Trung vi ctia mau s6 liéu trén 1am tron dén hang phan tram 1a 34,57.

Phwong phap giai:

a) C& mau la tong tan sb trong bang sb licu.

b) Nhém chira mét 1a nhom c6 tan sb 16n nhit.

c)
Nhém la;a,) [a,:a,) la.:a.,)
Tan so m m, m,

S6 trung binh cia mau s& liéu ghép nhéom ki hiéu [a
miTy+... +mpxy
n

E:

a;+a;q

> (vai

Trong d6, m=my+...+my 1a & mau va x; =
i=1,2,...,k) lagiatrj dai dién cda nhém [a;; a;.1).

d) Bé tinh trung vi ciia mau s liéu ghép nhém, ta lam nhu sau:

Budc 1: Xac dinh nhom chira trung vi. Gia st d6 1a nhom thir p: [ap; ap+1).

Budc 2: Trung vi

n
——(my +..+my ;)

e=dp+ m -(ap—l - ap]r
4

trong d6 n 13 ¢& mau, mp 12 tan s6 nhém p. Véi p = 1, ta quy wéc my + ...+ mp1 = 0.
Loi giai chi tiét:

a) Sai. C& miu ciamiu sd liéula:n=3+6+15+27+22+ 14 +5=92.

b) Sai. Nhom chira mét 13 [30,5; 35,5).

¢) Pung. Sb sach duoc muon trung binh mdi ngay x4p xi bang:

(18.3 +23.6 +28.15 + 33.27 + 38.33 + 43.14 + 48.5) : 92 = 34,6 (quyén séach).

[45,5; 50,5)
48

5

d) Pang. Goi X;,X,,..., X, 125 lugng sach dugc muon mdi ngay va gia sir ddy nay da dugc sap xép theo

thir tu ting dan.

X,e + X
Khi do, trung vi la % . Do hai gia tri X,4,X,; thugc nhom [30,5; 35,5) nén nhom nay chira trung vi.
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%—(3+6+15)

Trung vi la M, =30,5+ 2 .(35,5-30,5) _ 1867 ~34,57.
27 54

Phan III: Céu tric nghié¢m tra 16i ngin. Thi sinh tra 10i tir cau 1 dén céu 6.

Cau 1. Hang ngay muc nudc tai mot cang bién 1én xudng theo thiy tridu. Do sdu h (m) ciia muc nude theo
thoi gian t (gid) trong mdt ngdy duoc cho bdi cong thire h =11+ 2sin (Et) voi 0 <t <24. Tinh thoi

diém muc nudc tai cang cao nhat.

Phwong phap giai:
Tim t sao cho ham s6 h =11+ 2sin (%tj dat gi4 tri 16n nhat.

Loi giai chi tiét:

h=11+2sin (ﬂtJ dat gid tri 16n nhét khi sin (ﬂt) 1o St=" 4 k2n e t=6+24K (gio).
12 12 12 2

Vi 0 <t <24 nén chi c6 gia tri t = 6 thoa man.

Viy thoi diém muc nude tai cang cao nhét 1 lac 6 gio.

Pap an: 6.

Cau 2. Phuong trinh 25in2X +4¢c0sX =0 co6 bao nhiéu nghiém trong khoang (0;3000)?

Phwong phap giai:

Giai phuong trinh lugng giac bang cach bién ddi vé dang phuong trinh tich. Xét ho nghiém trong khoang

(0;3000) dé tim sb gia tri k nguyén thoa man.

Loi giai chi tiét:

Ta co: 2sin2X +4cosx =0 = 4sinX.cosx +4cosx =0= 4cosx.(sinx+1)=0

T
X=—+Kkn
cosx =0
c{ = ¢ <:>X=£+knvc’wikeZ.

=t

T
Xét ho nghiém X = r +Kkm, ta cé:

0<g+kn<3ooo@—g<kn<3ooo—g@—3<k< 3000—%@—0,5<k<954,43.

s
Ma k € Z nén k €{0;1;2;3;...;954}, tirc ¢6 955 gia tri k théa man.
Vay phuong trinh ¢6 955 nghiém thudc khoang (0;3000).

Pap an: 955.
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© Cau 3. Cong ty cay xanh X trong 496 ciy hoa trong mot khu vuom hinh tam gidc nhu sau: hang thirnhat

trong 1 cay hoa, ké tir hang tht hai tré di s6 cdy hoa trong mdi hang nhiéu hon 1 cdy so véi hang lién trudc
n6. Hoi cong ty cdy xanh X trong dugc bao nhiéu hang cdy trong khu vuon hinh tam giac do.
Phwong phap giai:
S6 cay mdi hang lap thanh mot cip s6 cong véi tong n s6 hang 1a 496, s6 hang dau U, =1 cong sai d = 1.
Timn.
Loi giai chi tiét:
S6 cay mdi hang lap thanh mot cép s6 cong véi tong n s6 hang 14 496, s6 hang dau u, =1 cong sai d = 1.

2.1+(n-1).1

Taco: 496 = Nne<992=(2+n-1)n<n*+n-992=0.

Ta tinh dugc n =31 hodc n = -32 (loai).
Vay s6 hang cay trong duoc 1a 31 hang.
Dap an: 31.

. . 1 . .
Cau 4. Cho day so (u,) biet u, =n+—. Tim m dé day so6 (U,) bi chin dudi béi m.
n

Phwong phap giai:
Chimg minh day s ting va bj chin dudi tai m = u,.
Loi giai chi tiét:

Xétu,,—Uu, :(n+1+ij—(n+1)=1+L—£=(1—1j+i_
n+1 n

Ta co: n21<:>1<1<:>1—£>0; n21:>L>O.
n n n+1

Vay U,,, —U, >0, tirc day s6 tang.
e e L e ey 1
Khi d6, day bi chan dudi boi U, :1+1 =2=m.
Dap an: 2
Cau 5. Mot thu vién théng ké sb luong sach duoc mugn mdi ngdy trong ba thang ¢ bang sau:

Sé sach [16; 20] [21: 25] [26; 30] [31; 35] [36; 40] [41: 45] [46: 50]

S6 ngay 3 6 15 27 22 14 5

Tim mét cia mau s6 liéu ghép nhom trén.

Phwong phap gidi:

Pé tim mdr ciia mau s6 lidu ghép nhom, ta thuc hién theo cac budc sau:

Budc 1: Xac dinh nhom c6 tan sé 16n nhat (goi 1a nhém chira mét), gia sir 1a nhom j: [a; aj+1).

Budc 2: Mt duoc xac dinh la
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m i-1

n'.l]' -

+
(m; —m;_;)+(m; —m;,,;)

trong d6 m; 14 tdn sb cia nhom j (quy wdc mo = Mi+1 = 0) va h 13 d6 dai ciia nhém.
Loi giai chi tiét:
S6 liéu & bang trén dugc hi¢u chinh nhu sau:
sé sach [15,5; 20,5) [20,5; 25,5) [25,5:30,5) [30,5:35,5) [355;40,5) [40,5;455) [45,5;50,5)
Gia tri dai dién 18 23 28 33 38 43 48

sé ngay 3 6 15 27 22 14 5

Nhom chira mbt cia mau s6 lidu 1a nhém [30,5; 35,5).
Do 36 um = 30,5, Nm-1= 15, NMm+1= 22, Um+1—Um= 35,5 —30,5 =5.

Mot cua mau so li¢u ghép nhom la:

N, Ny
(ny,—n,,)+(n, —n.,)
27 -15

=305+ S=34
(27-15)+(27-22)

M,=u, +

o (um+1 _um)

Dap an: 34.

Cau 6. Kiém tra dién lugng ctia mdt sb vién pin tiéu do mot hang san xuét thu duoc két qua sau:

bién luveng [0,9; 0,99) [0,95; 1,0) [1,0;1,05) [1,05;1,1) [1,1;1,15)
(nghin mAh)
Sé vién pin 10 20 35 15 5

Tim t& phan vi thi nhat caa mau sé ligu.

Phwong phap giai:
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DE tinh t& phan vi thi nhat @y cda mau sé liéu ghép nhém, trudc
hét ta xac dinh nhom chira Q4 giad sir d6 1a nhom tha p: [ap; api1).
Khi do,
%f(m1+...+mp71)
Q1 =a,+ - (apt1 — ayp)

Trong dé n 1a c& mau, my, la tan sé nhom p.

Véip =1, taquy uécmy+...+m,_1 =0

DE tinh t& phan vj thir ba Q3 cda mau sé liéu ghép nhém, trude hét
ta xac dinh nhém chira Qs, gid sir d6 1a nhom thir p: [a,; ap+1). Khi
do,

3n
i (m1 +...+mp_1)

Q3 =a,+ P (ap — ayp)

Trong dé n la ¢c& mau, m, la tan sé nhom p. V&i p = 1, ta quy udc
m1+. .. +mp_1 =0

T& phén vi thir hai Q5 chinh la trung vi M.
Loi giai chi tiét:
Téng s vién pin la: 10 +20 + 35 +15 + 5 = 85.

GOi X;;Xy; Xy Xgs 1an lugt 12 s vién pin theo thir ty khong giam.

, , 1 , <
T phan vi thir nhat cta day s6 liéu la E(x21 +X,, ) thude nhém [0,95; 1,0) nén tir phan vi thir nhét cia mau

s6 ligu1a Q, = 0,95+ 420 (1,0-0,95)=0,98.

Pap an: 0,98.
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