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a Muc tiéu
- On tdp Iy thuyét hoc ki I ciia chuong trinh sdach gido khoa Toan 12.
- Van dung linh hoat Iy thuyét da hoc trong viéc gidi quyét cac cau héi trac nghiém Toan hoc.
- Tong hop kién thire dang hé thong, dan trdi tat ca cdc chirong hoc ki I — chwong trinh Toan 12.
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Phin |: Tric nghiém nhiéu phuwong 4an lya chon (3 diém)

1.D 2.B 3.D 4.D 5.D 6.B
7.D 8. A 9.D 10. B 11.C 12.C

Cau 1. Cho ham s y = f(x) ¢ bang bién thién sau:

X |—o0 -1 0 1 +0
V' + 0 - = 0 T
2 +% o0
- - 4

Ham s6 da cho nghich bién trén khoang nao duéi day?

A. (LD

B. (4;+x)

C. (-0;2)

D. (0;1)

Phwong phap giai:

Quan sat bang bién thién va nhan xét.

Loi giai chi tiét:

Trén khoang (0;1), £(x) mang diu 4m nén f(x) nghich bién trén (0;1).
Pap an D.
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© CAu 2. Cho ham sb f(x) lién tuc trén R va c6 bang xét ddu £(x) nhu sau:

S6 diém cuc dai cua ham sd dd cho 1a

A. 4

B.2

C.3

D.0

Phwong phap giai:

Ham sé dat cuc dai tai diém X, khi f'(X,) =0 hoac f'(x,) khong x4c dinh va qua X, thi (x) d6i dau tir
duong sang am.

Loi giai chi tiét:

Tap xac dinh: D =R.

Quan sat bang xét diu, thiy:

+ f'(x) >0 khi x € (—0;—-1) va f'(x) <0 khi x e(-10); f'(-1)=0.

+ f'(x) >0 khi x € (0;1) va f'(x) <0 khi x e (1;2); f'(1) khong ton tai.
Vay ham s6 ¢6 hai diém cuc dai lax =-1, x = 1.

Dap an B.

Cau 3. Cho ham sb f(x) c6 d6 thi nhu hinh dudi.

AY

Gi4 tri nho nhét cua ham sd f(x) trén doan [0;3] 12
A. -1

B.1

C.2

D.3

Phwong phap giai:

Quan sat do thi va nhan xét.
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Loi giai chi tiée:

Gié tri nho nhét ciia f(x) trén doan [0;3] 1Ay = -1 tai x = 1.

Pap an A.

CAu 4. Tiém can dimg cia do thi ham s6 y = :—_; la
A X=-3

B.x=-1

C.x=1

D. x=3

Phwong phap giai:

Pudng thang x = x, goi la dudng tiém can ding caa d6 thi ham sé y = f(x) néu it nhat mot trong cac diéu
Kién sau duoc thoa man:
lim £ (x) = +o0; lim (x) = —oo; lim f(x) = +o0; lim f(x) = —oo.

X—Xp" X=X~ X%y~

X—>Xo"

Loi giai chi tiét:

Tacd: lim(x+1)=3+1=4; lim(x-3)=3-3=0vax-3>0.
x—3*

x—3"
. . x-1
Suyra limy=Ilim——==+w.
x—3" x—3" X —3
x-1

Vay do thi ham sé y =

c6 tiém can dung 1a x = 3.

X-3
Dap an D.

c6 dudng tiém can xién la

X . 2
Céu 5. b6 thi cia ham s6 Y = 2X+1+ 3
A y=3x-1
B.y=2+X
C.y=3-X
D. y=2x+1
Phwong phap giai:
Puong thang y = ax + b 1a tiém can xién ciia d6 thi ham s6 f(x) néu lim [f(x) - (ax +b)] =0 hodc
X—>+00
lim [f(x) - (ax +b)]=0.
X—>—00
Laoi giai chi tiét:

=0.

Taco lim [f(x)—(2x +1)] = lim {2x+1+3 2 1—(2x+1)}= lim —2

X—>+00 3X -1

Vay y = 2x + 1 13 tiém cén xién ctia do thi ham sd.

Pap an D.
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~ CAu 6. Cho ham sb f(x) c6 dao ham £°(x) xéc dinh, lién tuc trén R va £(x) c6 d6 thi nhu hinh vé.

- e o]k

Khang dinh nao sau day 1a dung?

A. Ham s6 dong bién trén (1;+c0)

B. Ham sb dong bién trén (—o0;—1) va (3;+0)

C. Ham s6 nghich bién trén (—o0;1)

D. Ham sb dong bién trén (~1;3)

Phwong phap giai:

Ham s f(x) dong bién khi (x) > 0 (phan d6 thi f’(x) nim phia trén truc hoanh).
Loi giai chi tiét:

Quan sat d6 thi y = £(x) ta thay (x) > 0 trén (—o0;—1) va (3;+00) nén f(x) dong bién trén hai khoang trén.
Dap an B.

CAu 7. Trong khong gian cho 3 diém M, N, P phén biét. Tinh PM + MN.

A. NM

B. MN

C. NP

D. PN

Phwong phap giai:

Dua vao quy tic ba diém.

Loi giai chi tiét:

Taco6 PM+MN=PN.

Pap an D.

Cau 8. Trong khong gian vai hé toa do Oxyz, cho ba diém A(1;-2;3), B(-1;2;5) va C(0;0;1). Trong tam G
cua tam gidc ABC co toa do la

A. (0;0;3)

B. (0;0;9)

C. (-10;3)

D. (0;0;2)
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Phuong phap giai:
Str dung cong thuc tinh toa dg trong tam.

Loi giai chi tiét:

X, = xA+);B+xC :1—;+0 0
Tacd {y, = Ya™ };B t¥e 2 +32 +0_ 0 suy ra G(0;0;3).
7, = zZ, +z?:3 +Zo _ 3+§+1:3
Dap an A.
Cau 9. Trong khong gian véi hé toa dd Oxyz, cho hai diém A(1;-3;1), B(3;0;-2). Tinh do dai AB.
A. 26
B. 22

C. /26
D. /22

Phwong phap giai:

Cong thure tinh d6 dai vecto: ‘/A\_B" = \/(XB — X, )2 +(yB _yA)Z +(ZB —zA)2 .

Loi giai chi tiét:

[AB|= (X6 ~Xa )" + (Yo~ Ya) +(zo~24) =yB=D7+(0+3) + (-2-1)% =v22.
Pap an D.
Cau 10. Cho hinh 1ap phuong ABCD.A’B’C’D’ ¢6 d¢ dai canh 14 a. Khi do, AB.AD bing

Phwong phap giai:

St dung quy tic tinh tich vé hudéng cua hai vecto.

Loi giai chi tiét:

Vi ABCD.A’B’C’D’ 1a hinh lap phuong nén AB vuong goc voi AD.

Khi 46 ABAD =0,

Pap an B.

Cau 11. Trong khong gian Oxyz, cho diém M(4;1;3). Piém M’ d6i xtrng v6i M qua mit phiang (Oxz) c6 toa
do
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A (4:-1:3)
B. (-4;-1;-3)
C. (4;-1,3)
D. (4;1;-3)
Phwong phap giai:
Piém M’ d6i xtng voi M(a;b;c) qua mit phing (Oxz) co toa dd M’(a;-b;c).
Loi giai chi tiét:
Piém M’ d6i xtmg voi M(4;1;3) qua mit phang (0xz) co toa do M’(4;-1;3).
Pap an C.

Cau 12. Két qua khao sat cAn ning ciia mot thing tdo & mot 16 hang cho trong bang sau:

Cén ning (g) [150;155) [155;160) [160;165) [165;170) [1?0;1?5)

S qua tao 4 7 12 6 2

Khoang bién thién R ctia mau s6 lidu ghép nhom trén 1a

A . R=5
B.R=24
C.R=25

D. R=10
Phwong phap giai:

Khoang bién thién ctia mau s6 liéu ghép nhom 14 hiéu s gitta ddu mit phai ciia nhom cudi ciing va dau mut
trai ctia nhom dau tién chtra dit lidu.

Loi giai chi tiét:

R =175-150 = 25.

Pap an C.

Phan I1: Tric nghiém ding sai (4 diém)

) p ax+1 . .
Caul.Chohamso Y= c6 do thi nhu hinh vé
cx+d

a) Ham s6 1uon nghich bién trén timg khoang xac dinh.

Truy cdp https://loigicihay.com/ dé xem I8i gidi SGK, SBT, VBT tif1dp 1 - 16p 12 tét cé cac mén




LOigiaihGy.com

Cb) limy=-1.

X—>+00

c) limy=-ow.

X——1"
d)Hésba=2.
Phwong phap giai:
Quan sat d6 thi va nhan xét.
Loi giai chi tiét:
a) Phng. PO thi ham s6 di xudng tir trai sang trén timg khoang xac dinh.

b) Plng. limy=-1.

X—>+00

c) Sai. lim y=+o0.

X—>-1
. \ 3 a.0+1
d) Sai. Vi do thi di qua diém (0;1) nén 1= < d=1.
cOo+d
A s s ogtA A ) \ \ M A d
Db thi ¢6 tiém can ding 1a duong thang x = -1 nén ~ =-l< ~ =-1l<c=1.
A s s ogtA A \ \ N A a a
D6 thi co6 tiém cén ngang la duong thang y = -1 nén s =-lo 1 =-lea=-1.

Vayhésba=-1,
CAu 2. Cho hinh hop chit nhat ABCD.EFGH ¢c6 AB=AE=2, AD=3vadit a=AB, b=AD, c=AE.

o — 11— . - 2
Lay diém M thoa man AM = EAD va diém N thoa man EN = 3 EC.

E:\ H
1 ."\
F LS G
L N7
: ,x \\
A ! N
RS- -t
AR YRR b
B -
C
. 1-
a) MA:—gb

) EN=2(a-b+¢).
=2

- - - -2 -2 ,
c) (m.a+n.b+p.c)=m2.a +n°b +p*C v6im, n, p la cac sb thuc.

J61

d) MN ==
5

__Phuong phap gidi:
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Dua vao khai niém vecto cling phu(mg; cung huéng, cach xac dinh d¢ dai vecto, quy tic cong, trir, nhdn

vecto voi mét sb, quy tic hinh hop.
Loi giai chi tiét:
N 11— 1-

a) Ding. Tac6 MA = —AM :—gAD =—gb.

o) Sai. EN = ZEC = 2 (EF+ EH + EA) = 2(a-b+),

- - - -2 -2 -2 - - - -2 -2 -2
c) Pung. (m.a+n.b+p.c)=m2.a +n’b +p°c +2mnab+2npbc+2mpac=m®a +n’b +p’c

—

(vi a . b, c doi mot vudng goc nén ab=bc=hc= 0).

) Ding. MN = MA+AE+EN =—2b+C+2(+b-C)= 24+ =5+ ~c.
5 5 5 5 5

2 (2- 1- 3-Y¥Y 4-2 1-2 9-2 4 1 9 61
+—=C . 9 A4=—
25 25 25 25 25 25 25

MN? = (MN) :(ga+—b

5
J61

Suyra MN=——.
y 5

Céau 3. Trong khéng gian Oxyz, cho cac diém A(2;-3;3), B(-2;1;2), C(3;-1;2).
a) AB=(-3,31).

b) AB=3AC.
¢) Ba diém A, B, C khong thiang hang.
A A < , v [ 4713
d) Toa d6 chan duong cao vé tir A cuia tam giac ABC 1a ~%9 ; 29 12 .

Phwong phap giai:

Str dung cac quy tic cong, trir vecto, nhan vecto véi mot sb, tich vé hudng cua hai vecto.
Loi giai chi tiét:

a) Sai. AB=(-2-11+2;2-3)=(-3;3;-1).

b) Sai. AC = (3—1-1+2;2-3) =(2;1;-1), suy ra 3AC = (6;3;-3) = AB.

, -3 3 -1 — o= .
c) Pung. Ta thay > # 1 # =] suy ra AB, AC khong cung phuong. Vay A, B, C khong thang hang.

d) Sai. Goi A’(x;y;z) la chan duong cao ha tir A cua tam giac ABC.
Khi do6 AA'BC=0 (1) va BC, BA® cung phuong (2).

Taco AA'=(X-Ly+2;z-3), BC=(3+2-1-12-2)=(5,-2;0), BA'=(x +2;y -1z -2).

(1) ©5(x-1)-2(y+2)+0(z-3)=0<5x -2y =9.
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X2 ¥yl (ouimy-1
@5 2oy
2-2=0 2=
_&
29

13 47 13
Tu(l)va(2 = hay A'| —;——:2 |.
u(l)va(2)suyra 5y y (29 29 j

Cau 4. Thoi gian chay tap luyén cy li 100 mét ctia mot van déng vién dugc cho trong bang sau:

Thoi gian (gidy) | [10:10.4) | [10.4:10.8) | [10.8:11.2) | [11.2:11.6) | [11.6:12.0)

S6 lan chay 3 8 6 2 1

a) Sb lan chay tir 12 gidy tro'1én 1a 1.
b) Thoi gian chay trung binh ctia van dong vién la 10,9 giay.
¢) Phuong sai ciia mau sé liéu trén bang 0,168.
d) D6 1éch chuan ciia miu s6 liéu trén (1am tron dén hang phén muoi) 1a 0,5.
Phwong phap giai:
a) Quan sat tan s trong bang s liéu.
MX, + ...+ M X,
n

b) S6 trung binh: X =

m(x, —X)* +...+m, (X, —X)*
- .

¢) Phuong sai: s° =

d) Po léch chuan: s = Js?.

Loi giai chi tiét:

a) Sai. S6 1an chay tir 12 gidy tré 1én 13 0.

b) Sai. Thoi gian chay trung binh cta van dong vién la:

- 3.10,2+8.10,6 +6.11+2.11,4+1.11,8 54 .

X = =—=10,8 (giay).
3+8+6+2+1 5

¢) Pung. Phuong sai cia mau s liéu trén 1a:

o _3(102 ~10,8) +8.(10,6 -10,8)" +6.(11-10,8)" +2.(11,4-10,8)" +1.(11,8-10,8)’
- 3+8+6+2+1

d) Sai. Do léch chuin cia mau s lidu trén 1a S =+/0,168 ~ 0,4 .

Phan III: Tric nghiém tra 1o ngin (3 diém)
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Cau 1. )Mét vat dliéc ﬁhéné thing dung 1n trén tir rﬁe_‘tt d4t véi tée d6 ban dau 1a ¢32,\5 m/s (bd qﬁaf stccan

ctia khong khi), d¢ cao (tinh bang mét) ciia vét sau t gidy duogc cho boi cong thire h(t) = 32,5t —4,9t*. Van
tdc cua vat sau 3 gidy bang bao nhiéu m/s?

Phwong phap giai:

Tinh v(3) =h'(3).

Loi giai chi tiét:

Van tdc ciia vat sau t gidy 1a v(t) =h'(t) =32,5-9,8t (m/s).

Vin tbc cta vat sau 3 gidy 1a v(3) =32,5-9,8.3=3,1 (m/s).

Pap an: 3,1.

Cau 2. Mot hop khong nip duoc lam tir mot manh cac tong theo hinh v&. Hop c6 day 1a mot hinh vuong
canh X (cm), chiéu cao 1a h (cm) va thé tich 1a 4000 cm®. Tim d6 dai canh hinh vuodng X sao cho chiéc hop

1am ra t6n it bia c4c tong nhét.

Phwong phap giai:
Lap ham biéu dién dién tich xung quanh ctia hop roi tim gia tri nho nhét ciia ham do.
Loi giai chi tiét:
Thé tich cua hop 1a V = x*h = 4000 (cm®).
000

Suy ra chiéu cao ctia hop 1a h = v (cm).

4000 16000
Dién tich xung quanh cia hop la S(X) = X* +4xh = x* + 4x 7 =x+ — (cm?).

Chiéc hop 1am ra ton it bia nhat khi dién tich xung quanh hinh hop nhé nhat.

Ta can tim gia trj nho nhét cua S(x).

16000 16000
=0 2x =

NG x?

Tacd S'(X) =2x — < 2x*=16000 < x* =8000 < x = 20.

Ta c6 bang bién thién:
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X 0 20 +o0
S'(x) - 0

_|_
S(x) | 40 +a0
T, 1200

Vay dé ton it bia nhét thi canh hinh vudng c6 chiéu dai x = 20 (cm).
Dap an: 20.

Cau 3. Trong Vat 1y, ta biét rang khi mic song song hai dién tro R, va R, , thi dién tro twong duong R cua

R,R
mach dién duoc tinh theo cong thirc R = R1—2 (theo Vat 1y dai cuong, NXB Gido duc Viét Nam, 2016).
+
1 TR,
Gia sir mot dién trg 10Q dugce mic song song véi mot bién tré X thi dién tré twong dudng R 13 ham sb
10x

= 10 v6i x > 0. Dién tré twong dwong ciia mach khong thé vuot qua bao nhiéu?
+ X

Phwong phap giai:

Tim gi6i han cia ham s6 khi x tién t6i vo cuc.

Loi giai chi tiét:

Ta co: Mot dién tré 10Q duoc méc song song voi mot bién trd X nén dién tré twong dwong 13 ham sd

10x

= voix > 0.

10+ x

. . 10x . 10 10 .
Vi limy=lim = lim ——— =——=10 nén dién tré twong duong ctia mach khong thé vugt qua

X—>+00 x>0 10+ X X+ 10 0+1
—+1
X

10Q.
Dap an: 10.

Cau 4. Mot chiée can don tay dang can mot vat co khdi lwong m = 3 kg duoc thiét ké véi dia can duoc gitr

boi bén doan xich SA, SB, SC, SD sao cho S.ABCD 14 hinh chép tir gidc déu c6 ASC =90°. Biét d6 16n

~ a . .
cua luc cang cho moi soi xich c6 dang T .Layg=10 m/ s®, khi d6 gia tri cia a bang bao nhiéu?
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Phwong phap giai:
St dung tinh chét trung diém, quy tic nhan vecto voi mot s6, cach xac dinh d6 dai vecto, quy tic tong hop
luec.

Loi giai chi tiét:

Goi O 13 tim hinh vuéng ABCD.

Tac6 OA+OB+0OC+0D =0

< 0S+SA+0S+SB+0S+SC+0S+SD =0
< SA+SB+SC+SD =-40S = 4S0
:‘§A+§’3+ST’Z+SB‘=‘4%‘:4SO.

Trong lugng cua vatla P =mg =3.10 =30 (N).

Suy ra 4‘S_O"=P:30(N). Do d6 5023740:%_

Vi tam gidc ASC vudng can tai S nén SAC =45°.
Xét tam gidc SAO vudng tai O:

15
sinsAC=2 ga-_ 90 __ 2 :30‘/5.
SA SinSAC  sin45° 4
Suy raa = 30.
_ Dapan:30.
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CAu 5. Hai chiée khinh khi cau bay lén tir cing mét dia diém. Chiéc thir nht nim céch diém xuét phat 2,5
km vé phia nam va 2 km vé phia dong, dong thoi cach mat dat 0,8 km. Chiéc thtr hai nim cach diém xuét

phat 1,5 km vé phia bac va 3 km vé phia tay, dong thoi cach mat dat 0,6 km. Ngudi ta can tim mot vi tri trén
mat dat dé tiép nhién liéu cho hai khinh khi cau sao cho tong khoang cach tir vi tri d6 t&i hai khinh khi cau

nho nhat. Gi st vi tri cAn tim cach dia diém hai khinh khi cau bay 1én 13 a km theo hudng nam va b km theo

huéng tay. Tinh tong 2a + 3b.

b} o~
A BN = A
. !‘F i y
e - -
T 0 : g b
i .
V.
_________________ _]-’
N
i A
Phwong phap giai:

Str dung quy tic tinh toa do vecto, tinh d6 dai vecto.

Loi giai chi tiét:

Chon hé tryc toa d6 Oxyz véi gbe O dit tai diém xuat phat ciia hai khinh khi cau, mat phang (Oxy) tring véi
mit dét voi truc Ox huéng vé phia nam, truc Oy hudng vé phia dong va truc Oz hudng thang dung 1én troi

(tham khao hinh v&), don vi do 14y theo kilomét.
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Khi d6: P E;2;ﬂ , Q —§;—2;§ .
2 5 2 5

Goi I 1a diém tiép nhién lidu trén mat dat (Oxy). Khi d6 1(x,;y,;0).

Khoang cach tir vi tri tiép nhién liéu téi hai khinh khi cdu nhé nhat, tirc 1a IP + IQ nho nhét.
s ai A ke ) s ) 4\

Goi C la diém doi xtng cta P qua (Oxy). Khi do C 5;2;—5 valP=IC.

Vay dé IP + IQ nhé nhat thi IC + IQ nhé nhat. Diéu d6 xay ra khi Q, I, C thing hang, hay QC, QI cing

phuong.
— (5 3 4 3 7\ =~ 3 3
C=|—+=:2+43——=—=|=|45—=|; Ql=| X, +=;y,+3—=|.
Q (22 55)( 5JQ('2y' 5)
X +3
S+
2 AN~ AL . y +3 3 \oas s 3 . 6
bé QC, QI cung phuong thi 2 2 _ '5 =7.Tudot1nhdu?o’c X, :ﬂ’ Y, =—7.
Vay | i;E;O ,suyraazi; b=§.
147 14 7
Ta duoc 2a+3b=2.i+3.§=3.
14 7
Pap an: 3.
Cau 6. Khao sat thoi gian tap thé duc trong ngay ctia mot s6 hoc sinh khéi 11 thu duge mau sb lidu ghép
nhom sau:
Thoi gian (phit) [0:20) [20:40) [40;60) [60:80) | [80;100)
36 hoc sinh 4 8 12 10 6

Tinh khoang t&r phan vi ctia mau sb liéu.
Phwong phap giai:
T& phan vi thir i, ki hiéu 1a Q, véii=1,2, 3 cla mau sb lidu ghép nhom dugc xac dinh nhu sau:

M _c
4

Qi =U,+ (um+1_um)'

Trong do:

N=n,+nN,+..+n, lacd miu.

[u,;U,..,) 1d nhém chtra t&r phén vi thi i.
N, 1a tan s cia nhom chira tr phan vi thi i.
C=n+n,+...+n_ .

Khoang tr phan vi: A, =Q; —Q;.
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Loi giai chi tié:
Co&mau:n=4+8+12+ 10+ 6 = 40.

Gia sir mau s6 lidu goc 12 X, X,,...,X,, dugc sap xép theo thir ty khong giam.

. , A 5 X A 1A A \ X ¥ X ror A . , A , X A 1A
T phén vi thir nhat ctia mau so liéu goc la % €[20;40) . Do d6 tir phan vi thir nhat ctia mau so liéu

494

ghép nhom 13 Q, =20+ 48 (40— 20) = 35.

. , 5 X A 1A A \ X +X ror A . , 5 X A 1A r
Tt phan vi thit ba ctia mau so6 liéu goc 1a % €[60;80) . Do d6 tir phan vi thit ba cia mau s6 lidu ghép

340 _(4+8+12)

nhém 1a Q, =60+ —2 n (80— 60) =72.

Khoéng tir phan vi: A, =Q,—Q, =72-35=37.
Dap an: 37.
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