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PE THI HQC Ki Il —Pésb 1
Mon: Toan hoc - Lép 12
Chuwong trinh GDPT 2018
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Myc tiéu

- On tdp Iy thuyét giita hoc ki 1| ciia chwong trinh sdch gido khoa Toan 12.
- Van dung linh hoat ly thuyét da hoc trong viéc giai quyét cdc cdu héi trdac nghiém va ty ludn Toan hoc.

- Tong hop kién thire dang hé thong, dan trdi tat ca cdc chieong giita hoc ki Il — chiong trinh Toan 12.

““HUONG DAN GIAI CHI TIET
THUC HIEN: BAN CHUYEN MON LOIGIAIHAY.COM

Phin |: Tric nghiém nhiéu phuwong 4an lya chon (3 diém)
1)B 2)D 3)C 4) A 5D 6) A
7C 8) A 9)D 10) B 11)C 12) C

Cau 1. Nguyén ham ctia ham sd y = sinx + 2cosx 1a
A. cosx — 2sinx + C B. -cosx + 2sinx + C
C. cosx + 2sinx + C D. -cosx — 2sinx + C
Phwong phap giai:
Ap dung cong thirc nguyén ham ctia ham sb lugng giac jcos xdx =sinx+C, Isin xdx =—-cosx+C.
Loi giai chi tiét:

j(sinx+2cosx)dx =—C0SX+2sinxX+C.

Pap an B.
Cau 2. Cho ham sb f(x) lién tuc trén doan [a;b]. Hay chon ménh dé sai dudi day.
b a b
A. jf(x)dx:—jf(x)dx B. Ikdx:k(b—a), vk e R
a b a
b c b b a
C. j f(x)dx = j f(x)dx + j f(x)dx , ce[a;b] D. j f(x)dx = j f (x)dx
a a c a b
Phwong phap gidi:

Ap dung tinh chat cta tich phan.

Loi giai chi tiét:

Truy cap https://loigicihay.com/ dé xem I8i gidi SGK, SBT, VBT ti16p 1 - I16p 12 tét c& cadc mén




LOigiaihGy.com
Taco _Tf(x)dx 3 —if(x)dx nén if(x)dx = j‘f(x)dx sai.
Pap an D.

Cau 3. Ho tét ca cac nguyén ham cua ham sé f(x) =5x* —8x* —6x la

A. F(x) =5x"*-4x* -2x*+C B. F(x) =x°+2x* -3x*+C
C. F(x)=x>-2x"-3x*+C D. F(x)=x’>-x*-x*+C
Phwong phap giai:
o+l
Ap dung cong thirc nguyén ham cta ham sd liy thira I x“dx = 1 +C.
o+
Loi giai chi tiét:
5 4 2
If(x)dx ='[(5x4 -8x° —6x) 5% 82X 56X Lc—xt-2x'—3x*+C.
5 4 2

Pap an C.

2
Cau 4. Cho [f(x)dx =5. Tinh 1= [[f(x)+2sinx]dx.
0

O'—;N\?—]

A =T B. I=5+—

2
C.1=3 D. I1=5+mx
Phwong phap giai:

Ap dung tinh chét tich phan va cong thirc nguyén ham ctia ham s6 luong gic.
Loi giai chi tiét:

2 2
[f(x)+2sinx]dx =1 =_[f(x)dx+2]sinxdx =5-2c0sx
0 0

T
2

ot—

0
=5—2(cosg—cosoj=5—2(0—l)=7.

Pap an A.

CAu 5. Cho ham sé f(x) lién tuc trén R . Goi S 1a dién tich hinh phang giéi han béi cac duong y = f(x), X = -

1, x =2. Ménh d& nao duéi diy ding?

Ily
y = f(x)
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~ - A"i - ~.—-'é- R - T - - N - N _—‘\1,- - - 27,—_; -
A. S=—[f(x)dx— [f(x)dx B. S=[f(x)dx+ [ f(x)dx
[ 1 -1 1
1 2 1 2
C. S=—[F(qdx+ [F(x)dx D. $= [ f(x)dx— [ f(x)dx
-1 1 -1 1
Phwong phap giai:

b
Ap dung cong thie tinh dién tich hinh phing: S = j [ (x)]dx.
Loi giai chi tiét:
2 1 2
S=[[F0]dx = [ F(x)dx - [F(x)dx.
-1 -1 1

Pap an D.
Cau 6. Trong khong gian Oxyz, cho A(1;1;-2), B(2;0;3), C(-2;4;1). Mit phang di qua A va vudng goc véi
duong thang BC ¢6 phuong trinh 1a

A. 2x-2y+z+2=0 B. Xx+y-2z-6=0
C. X+y-2z+2=0 D. 2x+2y+z2-2=0
Phwong phap giai:

Mit phang qua A va vudng goc voi duong thang BC nhan BC lam vecto phap tuyén.

Loi gidi chi tiét:

Mt phing qua A(1;1;-2) va vudng goc véi duong thing BC nhan BC = (—4;4;—2) 1am vecto phap tuyén c6
phuong trinh la:

—AX-1)+4(y-1)-2(z+2)=0<= -4x+4y—-22-4=0<2x-2y-2+2=0.

Pap an A.

Cau 7. Trong khong gian véi hé toa dd Oxyz, cho dudng thiang d di qua diém M(2;-1;5) va nhan vecto

u= (2;3;1) 1am vecto chi phuwong. Phuong trinh tham s6 cua d 1a

X=2+2t X=-2+2t

A {y=3-t (teR) B.{y=-3-t (teR)
z=1+5t z=-1+5t
X=2+2t X=2-2t

C.{y=-1+3t (teR) D.{y=-1-3t (teR)
z=5+t z=5-t

Phwong phap giai:

X =X, +at
Pudng thing di qua diém M(X,;Y,;2,) ¢6 vecto chi phuong u = (a;b;c) c6 phuong trinh 1a {y = Yy, + bt
Z=12,+ct

(teR).
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Loi giai chi tiée:

X=2+2t
d di qua diém M(2;-1;5) c6 vecto chi phuong u = (2;3;1) c¢6 phuong trinh 1a {y =—-1+3t (teR).
z=5+t

Pép 4n C.
Cau 8. Trong khong gian Oxyz, cho mit cu c6 phuong trinh (X + 3)2 +(y —1)2 +(z+ 2)2 =9. Tim toa do

tam | va ban kinh R caa mat cau dé.

A 1(-3;1;-2); R=3 B.1(3;-1;2); R=9
C.1(-3;1;-2);R=9 D.1(3;-1,2); R=3
Phwong phap giai:

Mit cu phuong trinh (x—a)’ +(y—b)” +(z—c)’ =R? c6 tam I(a;b;c), bén kinh R.
Loi giai chi tiét:

Mit ciu phuong trinh (x +3)° +(y—1)° +(z+2)" =9 c6 tam I(-3;1;-2), ban kinh R = 3.

Dap an A.

A A R C e 2 X y+1 z-1 . |
Cau 9. Trong khong gian véi hé truc toa do Oxyz, cho hai duong thang d: 1 = BN = 5 vad’:
X+1:X: 2_3. Goc giita d va d’ bang

-1 1 1

A. 45° B. 30°

C. 60° D. 90°
Phwong phap giai:
Hai duong thang d, d’ ¢6 vecto chi phuong lan Iuot 1a U,U' ¢4 cos(d,d’) = ||*Tl|{|,|

dl.|u
Loi giai chi tiét:
Vecto chi phuong cua d, d’ 1an luot 12 U = (1, -1,2) va ' = (-111).
u.a’ 1.(-D)+(-1).1+2.1
cos(d,d") = L #|, = LD+ D | -
[0 1%+ (1)% + 2% (D)2 + 22 + 12
Viy goc giita d va d’” bang 90°.
Pap an D.
X=-1+t
Cau 10. Trong khong gian Oxyz, duong thang d: {y =2—3t va diém A(2;3;1). Mt phang (P) di qua diém
z=1

A vudng goc v6i duong thang d cé phuong trinh 1a

A 2x+3y+z+6=0 B.x-3y+z+6=0
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 C.x-3y+z-6=0  D.x+3y-z+5=0
Phwong phap giai:
Vecto phéap tuyén ctia mit phang (P) 1a vecto chi phuwong ctia duong thang d.
Loi giai chi tiét:
d c¢6 vecto chi phuong u = (1;-3;1), dong thoi 1a vecto phap tuyén cua (P).
Do d6 (P): 1(x-2)-3(y—-3)+1(z-1)=0<=x-3y+z+6=0.

Pap an B.

Cau 11. Cho hai bién c¢b A, B 14 hai bién ¢ doc 1ap véi P(A) = 0,1997, P(B) = 0,1994. Tinh P(A|B).
A.0,1963 B. 0,1972
C. 0,1997 D. 0,1994

Phwong phap giai:

Ap dung cong thire tinh x4c sudt co diéu kién: P(A|B) = % :

Loi giai chi tiét:

Vi A, B 12 hai bién ¢ doc lap nén P(AB) = P(A).P(B).

Ap dung cong thirc: P(A|B) = P(AB) = 0,1997.0,1994 =0,1997 .

P(B) 0,1994
D4p 4n C.

Cau 12. Khao sét thi lrc cua 100 hoc sinh ta thu dugc bang sé liéu sau:

Nam N
Thi hec
Co tat khiic xa 18 12
Khong co tat khuc xa 32 38

Chon ngau nhién mét ban trong s6 100 ban hoc sinh nai trén. Goi A 1a bién ¢é “Hoc sinh duoc chon ¢ tat

khiic xa” va B 12 bién c6 “Hoc sinh duoc chon 1 ni”. Gid tri biéu thic P(B).P(A|B)+P(B).P(A|B)

bing
A.05 B.0,4
C.0,3 D. 0,24
Phwong phap giai:

Ap dung cong thirc xac suat toan phan.
Laoi giai chi tiét:
30

C6 18 + 12 =30 hoc sinh bi tat khiic xa nén P(A) = Y00 - 0,3.

Theo cong thire x4c suét toan phan: P(B).P(A|B)+ P(E).P (A | E) =P(A)=0,3.

_ DipinC.
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“Phin II: Tric nghiém ding sai (2 diém)

1) DSDS 2) SSBb

Cau 1. Trong khong gian Oxyz, mdt thiét bi phat song dat tai vi tri A(4;0;0). Vung phut song cta thiét bi c6
ban kinh bang 4.

a) Diém M(4;2;2) thudc ving phu song.

b) Tap hop tat ca cac diém thudc vung phu soéng cua thiét bi duoc €161 han boi mat clu co phuong trinh
(x=2) +y*+22 =4,

¢) Mot birc tudng duge xdy gan d6 ¢ phuong trinh (P): x +y — z = 6 s& chin song cua thiét bi.

d) Ving nhan duoc tin hiéu trén mat phang (P) 14 hinh tron ¢ ban kinh bang 4.

Phwong phap giai:

a) Ap dung biéu thirc tinh khoang cach giita hai diém. Néu khoang cach d6 nhé hon ban kinh phu song thi
diém M thudc ving phi séng.

b) Ap dung quy tic 1ap phuong trinh mét cau biét tAm va ban kinh.

¢) Tinh khoang céch tir diém A téi mat phang (P). Néu khoang cach do nho nho hon ban kinh phu song thi
burc twong chin duoc song cua thiét bi.

d) Ap dung dinh li Pythagore.

Loi giai chi tiét:

a) Ping. AM = \/(4—4) +(2—-0)? +(2-0)? =22 <4.

Khoéng cach tir M dén A nho hon béan kinh phu séng nén M thudc ving phu song.
b) Sai. Vung phu séng 1a mat cau tim A(4:0;0), ban kinh R = 4 nén c¢6 phuong trinh:
(x—4)" +y*+22=16.

_[L4+10-10-6] 23 _,

Vi khoang céach tir birc twdng t6i thiét bi phat song nhé hon ban kinh phu séng nén buc tuong d6 chin duoc

¢) Ding. d(A,(P))

song cua thiét bi.

23 _ 233
d) Sai. Ban kinh ving nhan dugc tin hiéu trén mat phang (P) 1a |, [4° —( 3 J ==

Cau 2. Lép 12A1 ¢6 40 hoc sinh, trong d6 ¢6 25 hoc sinh tham gia cau lac bo cau 16ng, 16 hoc sinh tham

gia cAu lac bo da bong, 12 hoc sinh tham gia ca cau lac bo cau 16ng va cau lac b da bong. Chon ngau nhién
mot hoc sinh. Xét cac bién cb sau:

A: “Hoc sinh dugc chon ttham gia cau lac bo cau 16ng”.

B: “Hoc sinh dugc chon tham gia cu lac b da bong”.

a) P(A) = 0,4.
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. b)P(B)=0,625.
¢) P(AB) = 0,75.

d) Xac suét hoc sinh dugc chon tham gia cau lac by da bong, biét réng hoc sinh d6 da tham gia cau lac bo

cau 16ng 13 0,48.
Phwong phap giai:
Ap dung cong thire tinh x4c sut co diéu kién: P(A|B) = % '

Loi giai chi tiét:

a) Sai. Co 25 trong tong sb 40 hoc sinh tham gia cau lac bo cau 16ng nén P(A) = % =0,625.
b) Sai. C6 16 trong tong s6 40 hoc sinh tham gia ciu lac bo da bong nén P(B) = % =0,4.
¢) Puing. X4c suat chon duoc hoc sinh tham gia ca hai ciu lac bo 1a P(AB) = % =0,3.
Taco P(A|B)=PAB)_03 45
P(B) 0,4
d) Piing. Ta c6 P(B|A) = "B - 03 4 4g.
P(A) 0,625

Phan 111: Tric nghiém tra loi ngin (2 diém)
1)16 2)0,29 3) 28 4)6

Cau 1. Nha 6ng Hai c6 mot cai cong hinh chir nhat, 16i vao cong ¢ dang parabol ¢o kich thudc nhu hinh v&.
Ong Hai can trang tri bé mat (phan gach chéo) caa cong. Hoi 6ng Hai can bao nhiéu tién (don vi: triéu dong)

dé trang tri, biét gia thanh trang tri 1a 1200000 d¢ong/ m??

G777
.

1m

bm

bm
Phwong phap giai:
Gan hé truc toa do phu hop. Tir cac diém thudc d6 thi, tim phuong trinh cta parabol r6i ap dung cong thirc
tinh dién tich bang tich phan.

Loi giai chi tiét:
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* Gén hé truc toa d Oxy nhu hinh.

Gia sir parabol c6 phuong trinh y =ax® + bx +c¢ (a<0).
Vi parabol di qua cac diém (0;5), (-2,5;0), (2,5;0) nén ta co:

4
5=a0%+b.0+c a=-c

0=a.2,5"+b.2,5+c <1{b=0 :y:—%x2+5.
0=a(-25)?%+b(-25+c |c=5

2,5
Dién tich 16i vao giéi han boi cong la: S, = I (_gxz +5j dx = 20 (mz) :

-2,5
Dién tich toan bd hinh chir nhat 13 6.6 = 30 (mz) .

Dién tich phan gach chéo la: S, =S—S, =30—% :4—3? (m?).

S6 tién can dé trang tri la 4—:;).1200000 =16000000 dong = 16 tri¢u dong.

Pap an: 16.

Cau 2. Gia sir ti 1& ngudi dan cua mot tinh nghién thudc 14 1a 25%; ti 1& ngudi méac bénh phoi trong sé nguoi
nghién thudc 14 12 72%, ti 1& nguoi khdng méc bénh phéi trong sé ngudi khdng nghién thudc 14 1a 86%. Ta
gap ngau nhién mot ngudi dan caa tinh do, tinh xac suit nguoi dé méc bénh phéi (Iam tron dén hang phan
tram)?

Phwong phap giai:

Ap dung cong thirc xéc suét toan phan: P(B)=P(A).P(B|A)+P(A)P(B|A).

Loi giai chi tiét:

A: “Ngudi d6 nghién thube 137, P(A) = 25% = 0,25.

A : “Nguoi d6 khong nghién thude 16”. P(A) = 1 — 25% = 75% = 0,75.
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© B: “Nguoi do méc bénh phéi™.
C6 72% sb ngudi hit thude 14 bj bénh phdi nén P(B|A) = 72% = 0,72.
C6 86% s6 ngudi khong hut thude 1a khong bi bénh phdi nén sé nguoi khong hut thude 14 bi bénh phoi 1a 1 —
86% = 14% = 0,14, khi d6 P(B|A) = 0,14.
Ap dung cong thire: P(B)=P(A).P(B|A)+P(A).P(B|A)=0,25.0,72+0,75.0,14=0,285~0,29.
Pap an: 0,29.
Cau 3. Ngudi ta truyén nhiét cho mot binh nudi ciy vi sinh vat tir 1°C . Téc d6 ting nhiét d6 cua binh tai
thoi diém t phit (0 <t <5) duoc cho bgi ham s6 f(t) =3t* (°C/phit) . Biét ring nhiét do cua binh d6 tai
thoi diém t 1a mot nguyén ham caa ham sé f(t). Tim nhiét d6 cua binh tai thoi diém 3 phat ké tir khi truyén
nhiét.
Phwong phap giai:
Tinh F(3) véi F(t) = [f(t)dt .
Loi giai chi tiét:
Nhiét d6 ciia binh la: F(t) = [f(t)dt = [3t’dt=t°+C.
Vi nguoi ta bat dau truyén nhiét cho binh nuéi ciy tir 1°C nén:
F0)=1<0°+C=1<C=1.
Suyra F(t)=t°+1.
Vay nhiét do cua binh tai thoi diém 3 phtt ké tir khi truyén nhiét 1a F(3)=3°+1=28 (°C).
Dap an: 28.
Cau 4. Trong khéng gian véi truc hé toa 6 Oxyz, cho diém H(1;2;3) la truc tdm cia AABC Vvéi A, B, C la
ba diém lan lugt nam trén cac truc Ox, Oy, Oz (khac gbc toa do). Phuong trinh mit phang di qua ba diém A,
B, C codang mx + ny + pz—14 =0 (m,n,p € Z). Khi d m + n + p bang bao nhiéu?
Phwong phap giai:
AHBC=0

BHAC=0

Lap phuong trinh mit chan (ABC), két hop véi hé { dé tim toa do ba diém A, B, C.

Loi giai chi tiét:
Gia su: A(a;0;0), B(0;b;0), C(0;0;c).
Taco M(l—a;2;3), ﬁ(l;Z—b;S), ﬁ:(o;—b;c), R(—a;o;c).

: ) . . [AHBC=0 [-2b+3c=0
Do H la truc tim AABC nén ta co: =

BH.AC =0 —a+3c=0

Phuong trinh mat phing (ABC): 5+%+5 =1vado He(ABC) nén 1+%+§ -1,
a C a C
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—2b+3c=0 a:zg a=14
Do d6 ta ¢6 hé phuong trinh: < —-a+3c=0 < C:? < qb=7
£+g+§:1 i_l_g_l_i_l :E
a boc 2b b 2b ¢
s = 2 Xy 3
Phuong trinh mat phang (ABC): E+7+a=1<:>x+2y+32—14=0.

Vaym+n+p=1+2+3=6.
Pap an: 6.
Phin IV: Ty luin (3 diém)

Cau 1. Tinh tich phan A = f”x2 —1|dx .
=2

Phwong phap giai:
Xét dau biu thire dé pha ddu trj tuyét dbi.

Loi giai chi tiét:
A= j |x2 —1| dx .
-2

Xét f (X) =x?-1 trén doan [—2; 2] .

x=-1e[-2;2]
Cho f(x)=0=x*-1=0<

x=1e[-2;2]
Béng xét dau:
x |2 -1 1 2
x2—1| + 0o - 0 +

-1

Do d6: A= i|x2 —qu = J‘(x2 —1)dx+'l[(1—x2)dx+j(x2 —1)dx
% he 1

RSN T B e

Cau 2. Trong khéng gian Oxyz, viét phuong trinh duong thang d di qua diém M(1;2;1), dong thoi vudng

x—2:y+1:z—1 va Az:x+1:y—3:z—1.

6c Vi ¢a hai duong thing A, :
9 9 9% -1 1 1 2 -1

Phwong phap giai:

Goi 0,, U, lan luot I cAc vecto chi phuong ciia A,, A,.

Viét phuong trinh dudng thang d di qua A(1;2;1) va c6 vecto chi phuong U =[,,,].
Loi giai chi tiét:

A, c6 mot vecto chi phuong 1a U, = (1,-1,1) .
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A, comotvecto chiphuong 13 @, = (L2,-1).

C(dLA ) o
Taco 4 A Nen d c6 mot vecto chi phuong 1a U =[u,,d,].
2

L e -1 1|1 31 -
Taco U=[U,u,]= P A =(-12;3).

Vay duong thang d di qua A(1;2;1) va c6 vecto chi phuong U = (—1;2;3) c¢6 phuong trinh la

Xx-1 y-2 z-1
-1 2 3
Cau 3. Trong khéng gian vai hé truc toa do Oxyz, dai kiém soat khong luu san bay co toa do O(0;0;0), mdi

don vi trén tryc Gng véi 1 km. May bay bay trong pham vi cach dai kiém soat 417 km s& hién thi trén man
hinh ra da. Mot may bay dang & vi tri A(-688;-185:8), chuyén dong theo theo duong thing d cé vecto chi
phuong 12 u =(91;75;0) va hudng vé dai kiém soat khong luu. Hay xac dinh toa do vi tri sém nhat ma méy

bay xuat hién trén man hinh ra da.

Phwong phap giai:

- Viét phuong trinh dudng thang d di qua diém A va c6 mot vecto chi phuong u.

- Goi B 1a vi tri sém nhét ma may bay xuét hién trén man hinh ra da. B thudc d nén tinh toa do cua B theo t.
- Pé B 1a vi tri sém nhat ma may bay xut hién trén man hinh ra da thi OB = 417. Tir d6 c6 phuong trinh
theo an t, giai phuong trinh tinh t.

- Thay gia tri t tinh dugc dé tim toa do B, so sanh gia tri va dugc ra két luan.

Laoi giai chi tiét:

Phuong trinh tham s6 ciia dudng thang d di qua A(-688;-185;8) va nhan u =(91;75;0) lam vecto chi

X =—688+ 91t
phuong la <y =-185+75t.
z=8

Goi B la vi trf sém nhat ma may bay xuat hién trén man hinh ra da.
Vi Bed nén B(-688 + 91t; -185 + 75t; 8).
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Vi B la vi tri som nhat ma may bay xuét hién trén man hinh ra da nén

OB =417 < |/(~688-+91t)’ +(~185+75t)° +8° = 417

t=3
< 13906t* —152966t + 333744 =0 < L _g
Vi t = 3 thi B(-415;408) suy ra AB ~ 353,77 km.
Vi t = 8 thi B(-88;415;8) suy ra AB ~ 848,53 km.

Do 353,77 < 848,53 vi tri may bay xut hién sém nhat 12 B(-415;40;8).
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