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Myc tiéu

- On tdp Iy thuyét hoc ki I ciia chwong trinh sach gido khoa Toén 12.
- Van dung linh hoat ly thuyét da hoc trong viéc giai quyét cdc cdu héi trdac nghiém va ty ludn Toan hoc.

- Tong hop kién thire dang hé thong, dan trdi tat ca cdc chirong hoc ki I\ — chwong trinh Toan 12.

““HUONG DAN GIAI CHI TIET
THUC HIEN: BAN CHUYEN MON LOIGIAIHAY.COM

Phin |: Tric nghiém nhiéu phuwong 4an lya chon (3 diém)
1)B 2)C 3)A 4) A 5 A 6) B
7)D 8) A 9)D 10) A 11)B 12) B

Cau 1. Ho nguyén ham cta ham sb f(x) =2x + 1 1a

A x*+1+C B. x*+x+C
C. x*+C D. 2x+C
Phwong phap giai:
a+l
Ap dung cong thirc nguyén ham ctia ham s liy thira IX‘*dX =1 +C.
o+

Loi giai chi tiét:
X2
I(2x+1)dx =2.?+X+C=X2 +x+C.

Pap an B.

Cau 2. Cho ham sd F(x) 1a mot nguyén ham ctia ham s6 f(x) trén R . Cac ménh dé sau, ménh d& nao sai?
A. [f(x)dx =F(x)+C B. (jf(x)dx)'zf(x)

C. (jf(x)dx)':f(x)+c D. (jf(x)dx)':F'(x)

Phwong phap giai:
Ap dung dinh nghia nguyén ham.

Loi giai chi tiét:
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V6i F(x) 1d mdt nguyén hiam cia ham s f(x) tén R: F() =f(x) va [f()dx=Fo9+C.
Vay A ding.

Ta c6: (If(x)dx)'=(F(x)+C)':F'(x)=f(x).

Vay B, D dtng, C sai.

Pap an C.

Céau 3. Ménh dé nao dudi diy dung?

A. jcosxdx=sinx+C B. Icosxdx=—sinx+C

C. jcosxdx=—cosx+C D. Icosxdx=%coszx+c

Phwong phap giai:

Ap dung cong thirc nguyén ham ctia ham s6 luong giéc.
Loi giai chi tiét:

Ta c0: jcosxdx =sinx+C.

Dap an A.

3 3 3
Cau 4. Cho j f(x)dx =1 va j g(x)dx =4 . Khi d6 j [f(x)+g(x)]dx bing
2 2 2

A.5 B.3
C.-3 D.4
Phwong phap giai:

Ap dung tinh chat cta tich phan.

Loi giai chi tiét:

N ey O

[f(x)+9(x)]dx = JB‘f(x)dx +ig(x)dx =1+4=5.

Pap an A.
CAu 5. Dién tich S cta hinh phang gi6i han boi cac duong thang y=x?,y =-1, x =0, x = 1 duogc tinh boi

cong thirc nao sau day?

A. S=j(x2+1)dx B. S=ni(x2+1)dx
0 0
C. S=j(x2+1)2 dx D. S=nj|x2—1|dx
0 0
Phwong phap giai:

b
Ap dung cong thuc tinh dién tich hinh phang: S= “f (x)- g(X)| dx.

Loi giai chi tiét:
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Toct a0mn e egoie

S= j‘|x2 —(—1)|dx =Jl.|x2 +1|dx =J1'(x2 +1)dx :

Pap an A.

Cau 6. Trong khong gian Oxyz, mit phang (P): x —y + z — 1 = 0 ¢c6 mdt vecto phép tuyén la
A. n, =(-111) B. n, =(L-11)
C. n, =(L11) D. n, =(LL-1)

Phwong phap giai:

Mit phang Ax + By + Cz + D = 0 ¢ mdt vecto phap tuyén la n= (A;B;C).

Loi giai chi tiét:

Mit phing (P): x —y +Z — 1 = 0 c6 mot vecto phap tuyén 1a n, = (L -11).

Pap an B.

Cau 7. Trong khong gian véi hé toa dd Oxyz, cho dudng thang d di qua diém M(1;1;1) va nhan vecto

U =(2;3;4) lam vecto chi phuong. Phuong trinh tham s cua d 1a

X =1+4t X=-1+2t
A Jy=1+3t (teR) B.{y=-1+3t (teR)
z=1+2t z=-1+4t
(x =—1-2t (x =1+2t
C.ly=-1-3t (teR) D. ly=1+3t (teR)
zZ=-1-4t (1Z=1+4t
Phwong phap giai:
X =X, +at
Duong thing di qua diém M(X,;Y,:Z,) ¢6 vecto chi phuong U = (a;b;c) c6 phuong trinh 1a {y =y, +bt
Z=12,+ct
(teR).
Loi gidi chi tiét:
X=1+2t
d di qua diém M(1;1;1) ¢6 vecto chi phuong U = (2;3;4) co6 phuong trinh la <y =1+3t (teR).
z=1+4t

Pap an D.
Cau 8. Trong khong gian Oxyz, xac dinh tdm I va ban kinh R cua mit cau c6 phwong trinh
(x=1)° +(y-4) +(z+2)" =9.

A.1(1;4,-2);R=3 B.1(-1;-4;2); R=3
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~C(4-2:R=9  D.JI(142:;R=9
Phwong phap giai:
Mit cau phuong trinh (x—a)2 +(y—b)2 +(z—c)2 =R? c6 tam 1(a;b;c), ban kinh R.
Loi giai chi tiét:
Mit cau phuong trinh (x —1)° +(y—4)° +(z+2)" =9 c6 tam I(1;4;-2), ban kinh R = 3,
Pap an A.
Cau 9. Trong khong gian Oxyz, cho mit phang (P): x + 2y + 2z + 3 = 0 va mat phiang (Q): 3x —4y +5=0.
Goi o 1a goc giita hai mat phang (P) va (Q). Tinh gi4 tri cosa.

A. COSOL:E B. c030c=—1
15 3
C. COSOL:—E D. c030c:1
15 3
Phwong phap giai:
Q" , AU i
Hai mat phang (P), (Q) c6 vecto phap tuyén lan lugt la n,n' co cos((P),(Q)) = |q| |ﬁ|
nf.|n'
Loi giai chi tiét:
Vecto phap tuyén ctia (P), (Q) 1an luot1a n=(L2;2) va n' =(3,—4;0).
nn’ [1.3+2.(~4)+2.0| 1
CoSOL = — = ==,
|n|.|n | V12422422 32+ (—4)2+0? 3
Pap an D.
X =3+2t
Cau 10. Trong khong gian Oxyz, diém nao dudi day thudc duong thang d: {y=1-3t ?
z=-1+t

A. M, (31-1) B. M, (2-31)

C. M,(33-1) D. M, (-3;-11)
Phwong phap giai:

Thay toa d6 timg diém vao phuong trinh ctia d, néu tim duoc mot gia tri t thoa man hé phuong trinh thi diém
do6 thude d.
Loi giai chi tiét:
3=3+2t
Voi M1(3;1;—1) ,tacd {1=1-3t < t=0.Vay M1(3;1;—1) ed.
-1=-1+t
Pap an A.
CAu 11. Cho hai bién cb A, B v6i P(A) = 0,3, P(B) = 0,6, P(ANB) =0,2. Xéc suat P(AB) Ia
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A. 1 B. 1
2 3
C. ¥ D. 1
3 6
Phwong phap giai:
Ap dung cong thirc tinh xac suat c6 diéu kién: P(A|B) = % :
Loi giai chi tiét:
Ap dung cong thirc: P(A|B) = P(ANB) = 9.2 ==.
P(B) 6 3

Pap an B.
Cau 12. Gieo con xUc xic 1 1an. Goi A 1a bién cb xuat hién mat 2 cham. B 1a bién ¢ xuat hién mat chan. Xac

suat P(A|B) la

Al B. 1
2 3
C. 2 D. 1
3 6
Phwong phap giai:
Ap dung cong thirc tinh x4c suét co diéu kién: P(A|B) = % .
Loi giai chi tiét:
Vi AcB=P(AnB)= P(A):%.
1
. ; , P(ANB) ¢ 1
Ap dung cong thic: P(A|B)=———=+>=—.
p dung cong (A[B) @ 1 3
2
Pap an B.
Phan I11: Tric nghiém ding sai (2 diém)
1) bbSS 2) SSbb

Cau 1. Trong khéng gian véi hé toa do Oxyz cho mit phang (P): x — 2y + 2z — 2 = 0 va diém 1(-1;2;-1). Biét
mat cau (S) c6 tam | va cit mat phang (P) theo giao tuyén 1a duong tron (C) c6 dién tich 1a 25rx.

a) Ban kinh duong tron (C) lar = 5.

b) Khoang cach tir | &én mat phang (P) 1a 3.

¢) Tam duong tron (C) c6 toa do 1a H(1;3;1).

d) Phuong trinh m3t cdu (S) 1a (x+1)° +(y—2)" +(z+1)" =16.
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N Phu’(rng phapglal A
a) Tu dién tich dudng tron, tim ban kinh.
b) Ap dung cong thirc tinh khoang cach tir mot diém dén mot duong thang.
¢) H 14 tim dudng tron (C) nén H 14 hinh chiéu cua I 1én mat phang (P).
Lap phuong trinh dudng thang IH, ma H thudc (P) nén 1ap hé phuong trinh tim toa d6 diém H.
d) Ap dung dinh li Pythagore tim ban kinh mat cau rdi 1ap phuong trinh mit cau.
Loi giai chi tiét:
a) Pung. Buong tron (C) co dién tich 1a 25m nén ban kinh lar = 5.
F1-22+42(-1)-2 ,
) \/1+(—2)2 22

¢) Sai. H 1a tam duong tron (C) nén H 14 hinh chiéu cta I 1én mit phing (P).

b) Dung. d(I;(P))

X=-1+t
Phuong trinh duong thiang TH 1a: {y=2-2t .
z=-1+2t

Vi H thugc IH va mit phiang (P) nén toa d6 diém H I1a nghiém cua hé:

X==1+t x=0

=2-2t =0
Y =Y = H(0;0;1)
z=-1+2t z=1
X—-2y+2z2-2=0 t=1

d) Sai. Ban kinh R ctia mit chula R2=r’ +IH2 & R =r’ + IH2 =52 + 3 = /34 .

Phuong trinh mit cAu (S) tam I(1;-2;1) ban kinh R =+/34 1a:

(x+1)° +(y—2)" +(z+1)" = 34.

Cau 2. Lop 11A1 ¢6 45 hoc sinh, trong d6 c6 25 hoc sinh tham gia cau lac b Tiéng Anh, 16 hoc sinh tham
gia cau lac bo Nhay, 12 hoc sinh vira tham gia cau lac b Tiéng Anh vira tham gia cau lac bo Nhay. Chon
ngau nhién 1 hoc sinh. Xét cac bién c6 sau:

A: “Hoc sinh dugc chon tham gia cau lac bo Tiéng Anh”.

B: “Hoc sinh dugc chon tham gia cau lac bd Nhay”.

a) P(A)z%.
b) P(B)=%.

c) P(A|B)=0,75.

d) Xac suét chon duoc hoc sinh tham gia cau lac by Nhay, biét hoc sinh d6 tham gia cau lac bd Tiéng Anh la
0,48.
__Phuong phip giai:
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Ap dung cong thire tinh xac suat co diéu kién: P(A|B) = % .
Loi giai chi tiét:
C iz : o I N 25 5
a) Sai. C6 25 trong tong so 45 hoc sinh tham gia ciu lac bo Tiéng Anh nén P(A) = 5 = Y
- J AR A . . A A E, A 16
b) Sai. C6 16 trong tong so 45 hoc sinh tham gia cau lac b Nhay nén P(B) = 5
. ok : ST 1 .1 12 4
c) Ping. Xac suat chon dugc hoc sinh tham gia ca hai cau lac bo 1a P(ANB) = T = &
4
Taco P(A|B)=ACB) _15 475
P(B) 16
45
4
d) Piing, Taco P(B|A) = ANB) 15 _ 4 45
P(A) 3
9
Phan I11: Tric nghiém tra 11 ngin (2 diém)
1)17,1 2) 0,49 3) 40 4)3

Cau 1. Mot manh dat hinh chit nhat ABCD duoc quy hoach nhu hinh bén. Biét duong cong la duong hinh
sin ctia ham s6 dang y = asin(bx). Biét AB = 21 (m) va AD =4 (m). Phan t6 ddm (giéi han boi dudng cong
va doan MN) dugc sir dung dé tréng hoa. Tinh dién tich phén con lai cia manh vuon (don vi: m?, 1am tron

dén hang phan chuc).

Phwong phap giai:
Quan sat bién d6 va chu ki ctia d0 thi dé tim hé s6 a, b. Ap dung cong thirc tinh dién tich hinh phang bang
tich phan.
Laoi giai chi tiét:
Gén truc toa do Oxy sao cho O 1a trung diém ctia MN, doan théng ON nam trén truc Ox.
AD 4

Ham sb ¢ bién do 1a a:T > 2.
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Ham s6 ¢ chu ki 27 nén 2x :%:M:l.

Giasitb= 1, tacoy = 2sinx. Véi X = g —y= Zsing =2 (thda min db thi).

Giasrb=-1,tacoy = -2sinx. Véi X = g —y= —2sin g = —2 (khéng thoa min db thi).

Do d6, ham sb y = asin(bx) d& bai cho 14 y = 2sinx.

Dién tich phan trong hoa la:

]E |2sin x|dx :ZT (—sin x)dx+2j|1 sinxdx =8 (m?).
el S 0

Dién tich hinh chir nhat ABCD la ABAD =2m.4=8n (m*).

Dién tich phan con lai ciia manh vuon 1a:

S=8n-8~17,1 (m’).

Pap an: 17,1

Cau 2. Chudng | ¢4 5 con ga mai, 2 con ga tréng. Chudng 11 ¢6 3 con ga mai, 5 con ga tréng. Bac Mai bit
mot con ga trong sé d6 theo cach sau: “Bac tung mdt con xuc Xac can dbi, dong chat. Néu s chim chia hét
cho 3 thi bac chon chudng 1. Néu sé cham khdng chia hét cho 3 thi bac chon chudng I1. Sau do, tir chudng da
chon béac bat ngau nhién mot con ga”. Tinh xac suit dé bac Mai bat duoc con ga méi (két qua lam tron dén
hang phan tram).

Phwong phap giai:

Ap dung cong thitc x4c suat toan phan: P(B)=P(A).P(B|A)+P (A).P (B | A) .

Loi giai chi tiét:

A: “Bit dugc con ga mai”.

B: “Ga duoc bt ¢ chudng I”, B 12 bién ¢ “Ga dugc bét & chudng I1”.

Néu s6 cham chia hét cho 3 (3 cham hogc 6 cham) thi bac chon chudng 1. Do d6, P(B) = % = %
= 1 2
Suyra P(B)=1-P(B)=1-—=—.
yra P(B)=1-P(B)=1-2~2
Vi ¢ 5 con ga mai trong tong s6 7 con ga & chudng | nén xéc suat bt duoc con ga mai néu con ga dé &

chudng I 1a:P(A|B)= ;

Vi ¢6 3 con ga mai trong tong sé 8 con ga ¢ chudng 11 nén xac suat bat dugc con ga mai néu con ga dé &
A 5 =) 3
chudng 11 1a: P(A| B)=§.

Theo cdng thirc x4c suét toan phan ta co:
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§=ﬂ.z0,49.
8 84

= - 15 2
P(A)=P(B).P(A|B)+P(B)P(A|B)= AR
Pap an: 0,49.

Cau 3. Mot 6 t6 dang di chuyén véi tée do 20 m/s thi hdm phanh nén téc d6 (m/s) ciia xe thay ddi theo thoi
gian t (giay) duoc tinh theo cong thirc v(t) = 20 — 5t (0 <t <4). Ké tir ltc hdm phanh dén khi dimg, 6 t6 di
dugc quang duong bao nhiéu?

Phwong phap giai:
to

Tim nghiém t; cua phuong trinh v(t) = 0 va tinh s= Iv(t) .
0

Loi giai chi tiét:
Xe dimg khi v(t)=0<20-5t=0<t=4.

Quing dudng xe di chuyén tir khi bat dau him phanh dén khi dimg hén 1a:
4

s= j‘.v(t) 3 j.(20—5t)dt :(ZOt—gtzj =40 (m).

0 0

0
Dap an: 40.

Cau 4. Cong nghé ho trg trong tai VAR (Video Assistant Referee) thiét 1ap mot hé toa d§ Oxyz dé theo doi
vi tri ciia qua bong M. Cho biét M dang nam trén mét san c6 phuong trinh z = 0 dong thoi thude mit cau c6

(S):(x—32)" +(y—50)" +(2—-10)" =109 (don vi d¢ dai tinh theo mét). Goi J 1 hinh chiéu vudng goc ciia

tam [ mat cau trén mat san. Khoang cach tr vi tri M cua qua bong dén di€m J bang bao nhiéu?

Phwong phap giai:

Tim toa do cua J. Tinh JM =+/IM? — 132 véi IM bing bén kinh cua mit ciu (S).

Lai giai chi tiét:

Mt cAu (S) c6 tam 1(32;50;10) va ban kinh R =+/109..

Trong khdng gian Oxyz, mit sin c6 phuong trinh z = 0 tring véi mat phang (Oxy), suy ra hinh chiéu vudng
g6c cuaa | xudng mat san co toa do J(32;50;0).

Xét tam gi&c vudng IIM, tacd I =10, IM=R =\/@, suy ra JM =\/m=\/10QTOO=3.

Pap an: 3.

Phan IV: Ty luin (3 diém)
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Cau 1. Dién tich hinh phing gi¢i han béi db thi ham sé y = (X —2)? -1, truc hoanh va hai duong thing x =

1, X = 2 bang bao nhiéu?

Phwong phap giai:

b
Ap dung cong thirc tinh dién tich hinh phang S= _“f (x)|dx..
a

Xét dau cua biét thire (x —2)? —1 dé pha dau tri tuyét doi.
Loi giai chi tiét:

x-2=1 x=3¢[1,2
Tac()(x—2)2—1=0<:>(x—2)2:1<:>{ @{ #lL2]

x-1=-1 |x=0¢[L2]
Trén doan [1;2] taco (x—2)°=1>0, suy ra |(x—2)* =1 = (x—2)* - 1.

2 2
Vay dién tich hinh phing can tim 13 S= j |(x—2)* ~1]dx = j [(x-2)* -1]dx = % .
1 1
Cau 2. Trong khong gian toa d6 (Oxyz), cho diém M(1;2;-2) va mit phang (P): 2x +y — 3z + 1 = 0. Phuong
x=1-4t
trinh ctia duong thang di qua diém M va vudng goc véi (P) co phuong trinh tham sd: {y = 2+ bt (t € ]R) .
z=-2+ct
Khi d6 gia tri cta biéu thue P =b? +c¢? 1a bao nhiéu?
Phwong phap giai:
Do duong thang vudng goc v6i mit phang (P) nén u= E 12 mot vecto chi phuong ciia dudng thang can
tim.
X =1-4t
Theo dé bai phuong trinh tham s6 ctia duong thang <y =2+bt (teR) nén vecto chi phuong cia duong
z=-2+ct
thing can tim c6 dang u’ = (—4;b;c).
Tim b, ¢ sao cho u va U’ cung phuong.
Loi giai chi tiét:
Mit phang (P): 2x +y — 3z + 1 = 0 ¢6 vecto phap tuyén 1a n, = (2,1,-3).
Do duong thang vudng goc v6i mit phang (P) nén u= E = (2;1; —3) la mdt vecto chi phuong ctia dudong
thang can tim.

X =1-4t
Theo dé bai phuong trinh tham sé cta duong thang <y = 2+ bt (t € ]R) nén vecto chi phuong cua duong
z=-2+ct

thdng cn tim c6 dang U’ = (—4;b;c) (2).
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Viuvau .déu la vecto chi phuong cua du’(‘)’l’lf;’, thﬁng cén tim nén chung éﬁng bhuong Vo1 ﬁhaﬁ.

2 1 -3 {b =-2
—

Suyra —=—=
K -4 b ¢ c=6

Vay P=b*+c*=(-2)*+6>=40.

Cau 3. Trong mét khu du lich, ngudi ta cho du khéch trai nghiém thién nhién bang cach du theo dudng truot
zipline tur vi tri A cao 15 m cua thap 1 nay sang vi tri B cao 10 m cua thap 2 trong khung canh tuyét dep
xung quanh. Vai hé truc toa do Oxyz cho trudc (don vi: mét), toa do ciia A va B lan luot 12 (3; 2,5; 15) va
(21; 27,5; 10). Xac dinh toa d6 cua du khach khi & do cao 12 mét.

Phwong phap giai:

Lap phuong trinh tham sé cua duong thang d chira dudng truot zipline. Cho z = 12, tim t, sau d6 thay t tim
X, Y.
Loi giai chi tiét:
Puong thang d chira dudng truot zipline di qua diém A(3; 2,5; 15) va c6 vecto chi phuong 12
X =3+18t
AB = (18;25;-5) . Do d6, phuong trinh ciad 1a: {y=2,5+25t (teR).
z=15-5t

Khi du khach khi 6 d0 cao 12 mét,tacod z=12«<15-5t=12<1t=0,6.

Thay t vao phuong trinh dudng thing, ta duoc toa d6 du khach 1a M(13,8; 17,5; 12).
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