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PE THI HQC Ki Il — D& s6 3
Mon: Toan hoc - Lép 12
Chuwong trinh GDPT 2018
BIEN SOAN: BAN CHUYEN MON LOIGIAIHAY.COM

Myc tiéu

- On tdp Iy thuyét hoc ki I ciia chwong trinh sach gido khoa Toén 12.
- Van dung linh hoat ly thuyét da hoc trong viéc giai quyét cdc cdu héi trdac nghiém va ty ludn Toan hoc.

- Tong hop kién thire dang hé thong, dan trdi tat ca cdc chirong hoc ki I\ — chwong trinh Toan 12.

Phan I: Cau tric nghiém nhiéu phwong an hra chon. Thi sinh tra 15 tir cdu 1 dén cau 12. Mdi cau hoi thi
sinh chi chon mdt phuong an.

Cau 1. Ho nguyén ham ctia ham sb f(x) =2x + 6 1a

A x*+C B. x> +6x+C
C. 2x*+C D. 2x* +6x+C
CAau 2. Ham s6 nao trong cac ham s sau day khong 1a nguyén ham ciia ham sé y = x*%?
2023 2023
A X i1 B. X
2023 2023
2021 2023
C. 2022x D. X 4
2023

A \ A \ A A 1A s \ A~ fe AA A ) U
Cau 3. Ham s0 F(x) = cotx 1a mdt nguyén ham cia ham s6 nao dudi day trén khoang (O; E) ?

1 1
A fz(x):sinzx 5 fl(x)z_coszx

1 1
C R (x)= cos? X > f3()()=_sin2x

CAu 4. Dién tich hinh phang gi6i han boi cac d6 thi ham sé y = 2x* +x+1 va y = x* +3 bing

A. 9 B. s
2 2
C.4 D.2
Cau 5. Trong khong gian Oxyz, cho dudng thang d: X +12 = y2—1 _Z +3 . Vecto nao dudi day 1a mdt vecto
chi phuong cua d?
A. u =(2,L1) B. u, =(12;-3)
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S Ccu-@=21y  Du-=@13
Cau 6. Trong khéng gian Oxyz, mit phing (P): -2X + 5y + 2 — 3 = 0 ¢6 mét vecto phap tuyén 1a
A. n, =(-2;51) B. n,=(2;51)
C. n,=(2;5-1) D. n, =(2-51)

CAu 7. Trong khong gian voi hé toa dd Oxyz, cho dudng thing d di qua diém M(3;-1;4) va nhén vecto

u= (—2;4;5) 1am vecto chi phuong. Phuong trinh tham s ciia d 1a

X=-2+3t X=3+2t

A < y=4-t (teR) B.{y=-1+4t (teR)
z=5+4t z=4+5t
X=3-2t X=3-2t

C.iy=1+4t (teR) D.y=-1+4t (teR)
Z=4+5t z=4+5t

Cau 8. Trong khéng gian Oxyz, tinh cosin cta goc giita hai dudng thing d, :g = % = il ,

x-1 y-1 z-1

d
2" 3 3 9
B.0
A -1
2
C.1 b 1
"2

Cau 9. Trong khéng gian Oxyz, xac dinh tdm I va ban kinh R cta mat ciu c6 phuong trinh

(x—?»)2+(y+1)2 +(z—2)2 =4,

A.1(3;-1;2); R=2 B.1(-3;1;-2); R=2
C.1(-3;1;-2);R=4 D.I(3;-1;2);R=4
Cau 10. Mit cau (S) c6 tam I(-1;2;1) va tiép xtic voi miat phing (P): x — 2y — 2z — 2 = 0 ¢ phuong trinh 1a
A. (x +1)2 +(y—2)2 +(z—1)2 =3 B. (x +1)2 +(y—2)2 +(z—1)2 =9
C. (x +1)2 +(y—2)2 +(z +1)2 =3 D. (x +1)2 +(y—2)2 +(z +1)2 =9

Cau 11. Cho hai bién ¢6 A va B c6 P(A) = 0,8, P(B) = 0,5, P(AB) = 0,2. Xac suit ctia bién cb A véi diéu
kién B 1a

A. 0,4 B.0,5

C.0,25 D. 0,625

Cau 12. Cho P(A):%, P(B|A)=%, P(B|K)=%. Gié tri ciia P(B) 1
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2 p. 1
20 30

Phén I1: CAu tric nghiém ding sai. Thi sinh tra 16i cdu 1, cAu 2. Trong mdi y &), b), ¢), d) & mdi cau, thi
sinh chon ding hodc sai.

Cau 1. Cho ham sd y = f(x) = 2x + 3. Biét F(x) 1a mot nguyén ham cua f(x) trén K.

a) Biét F(1) =2 thi F(x) =x*+3x+2.

2 2 0
b) Gié tri cua j f(x)dx — j f(X)dx + j f(x)dx bang 42.
0 5 -1

¢) Dién tich hinh phang gii han boi cac duong y = f(x), truc hoanh va x = -2, x = 1 bang 6.
d) Thé tich khdi tron xoay thu duge khi quay hinh phang gidi han boi hai duong y = f(x) va y =x* —2x +6
15567

quanh truc Ox bang

CAu 2. Hai dang 1a mot ngon thap duoc thiét ké dé chiéu sang tir mot hé théng dén va thiu kinh hodc thoi
xua la chiéu sang bang lira, voi muc dich hd trg cho cac hoa tiéu trén bién dinh huéng va tim dudng. Trong
khong gian véi hé toa d§ Oxyz (don vi trén mdi truc 12 mot mét), coi mot phén mit bién duoc khao sat 1a
mit phang (Oxy), truc Oz huéng 1én trén vudng goc voi mat bién; mot ngon hai dang dinh cao 50 mét so véi
muc nude bién (Hinh duéi) biét dinh & vi tri I(21;35;50). Biét rang ngon hai ding nay dugc thiét ké véi ban
kinh phu sang la 4 km.

a) Phuong trinh mit cau dé mo ta ranh gidi ctia ving phti sang trén bién ctia ngon hai dang trén 1a

(x—21)° +(y—35)" +(2-50)" =16.

b) Ngudi di bién coi 1a mot diém & vi tri D(5121;658;0) thi c6 thé nhin thay dwoc anh sang caa ngon hai
dang trén.

¢) Ngon hai ding phii mot ving séang trén mat bién thi ban kinh ving sang nay 1a 3999,7 (Iam tron dén hang
phan mudi ciia mét) gia st yéu té bi che khuat boi dia hinh 1a khong dang keé).

d) Gia str ngudi di bién coi 1a mot diém tir vi tri D(5121;658;0) di chuyén theo dudng thiang dén chan ngon
hai ddng vé6i téc d6 7 hai 1y/gio (biét 1 hai 1y bang 1852 mét) thi mat 5,28 phut (két qua lam tron dén hang
phan trim) dé dén diém dau tién nhin thdy duoc anh sang ngon hai dang trén.

Phan III: Céu tric nghiém tra 161 ngin. Thi sinh tra 10i tir cau 1 dén céu 4.

Céau 1. Mot vat dang chuyén dong déu véi van téc v, (m/s) thi bat dau ting toc vai gia toc a(t) = v,t +t*

(m/s?), trong dé t 1a khoang thoi gian dugc tinh bang gidy ké tir thai diém vat bt dau tang téc. Biét quéng
duong vat di duoc trong khoang thoi gian 3 gidy ké tir I0c bt dau tang toc 12 100 m. Tinh van téc ban dau
v, (m/s) ctia vat (1am tron dén hang phan muoi).

Cau 2. Khi gan hé toa d6 Oxyz (don vi trén mdi tryc tinh theo kilémét) vao mot san bay, mat phang (Oxy)
triing voi mat san bay. Mot may bay bay theo dudng thang tir vi tri A(3;-2;3) dén vi tri B(8;8;0). Gdc giira
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~ duong bay (6t phin cua duong thing AB va san bay (mt phin cua mat phing (Oxy)) bing o do. Khido,
gia tri cia bang o bao nhiéu (Iam tron két qua dén hang don vi)?

Cau 3. Trong khéng gian véi hé toa do Oxyz, mot cabin cap treo xuat phét tir diém A(10;3;0) va chuyén
dong déu theo dudng cap c6 vecto chi phuong 1a U = (2;—2;1) véi tde do 13 4,5 m/s (don vi trén mdi truc toa

d6 12 mét). Sau thoi gian 180 gidy, cabin ding ¢ diém B. Tim tung d6 diém B.

CAu 4. C6 hai ddi thi ddu mdn ban stng. Doi | ¢6 5 van dong vién, doi 11 c6 7 van dong vién. Xac suét dat
huy chuong vang cia mdi van dong vién doi I va doi IT twong ung 1a 0,65 va 0,55. Chon ngau nhién mot van
dong vién. Gia su van dong vién dugc chon dat huy chuong vang. Tinh xac suit dé van dong vién nay thuoc
d6i I (1am tron dén hai chir s6 thap phan).

Phan IV: Ty luin. Thi sinh trinh bay 10i giai tir cdu 1 dén cau 3.

a+b\/§

2

Cau 1. Biét

(2sinx+cosx)dx = .TinhgidtrictaS=a+b.

o!—.w\;]

Cau 2. Trong khéng gian Oxyz, cho mat phang (o) di qua diém M(1;2;3) va cét cac truc Ox, Oy, Oz lan
luot tai A, B, C (khac gdc toa ¢ O) sao cho M 1a truc tdm tam giac ABC. Mit phang (a) c6 phwong trinh
dang ax + by + cz=0. Tinh tong T=a+b + .

Cau 3. Trong mét tii c6 mot sé chiée keo cung loai, chi khac mau, trong d6 c¢6 6 cai keo mau cam, con lai la
keo mau vang. Ha lay ngau nhién maot cai keo tir trong tdi, khong tra lai. Sau d6 Ha lai lay ngau nhién thém

A /- , N s e N , X N4 . T N N 1 o X
mot cai keo khéac tur trong tui. Biét rang xac suat Ha lay duoc ca hai cai keo mau cam la 3 Hoi ban dau

trong tui c6 bao nhiéu céi keo?

;=,HU’('7NG DAN GIAI CHI TIET
THWC HIEN: BAN CHUYEN MON LOIGIAIHAY.COM
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Phan |: Tric nghi¢ém nhiéu phwong 4n lya chon (3 diém)

1)B 2)C 3)D 4) A 5C 6) A
7)D 8)B 9)A 10) B 11) A 12) B
Cau 1. Ho nguyén ham ciia ham sb f(x) =2x + 6 1a
A x*+C B. x> +6x+C
C. 2x*+C D. 2x*+6x+C
Phwong phap giai:
a+l
Ap dung cong thirc nguyén ham ctia ham sb lity thira Ix“dx =1 +C.
o+
Loi giai chi tiét:
)(2
j(2x+6)dx:2.7+6x+C:x2 +6x+C.
Pap an B.
Cau 2. Ham s6 nao trong cac ham s sau ddy khong 13 nguyén ham cua ham s y = x*%?
2023 2023
AX i B. X
2023 2023
C. 2022x** 52023
' D. -
2023
Phwong phap giai:
a+l
Ap dung cong thirc nguyén ham ctia ham s lity thira Ix“dx =1 +C.
o+

Loi giai chi tiét:
2023

[x*%dx = 2 +C. vi C 1a hing s,
2023
Do d6, cac dap an A, B, D déu 12 nguyén ham caa ham s y = x*%.

Pap an C.

A \ A N oA A 1n , \ A s L 3 A 5 T
Cau 3. Ham s6 F(x) = cotx la m¢t nguyén ham cia ham so nao dudi day trén khoang (0; Ej ?

1 1
/\ = E;, = —
f(x) sin® x i) cos® x
1 1
C-f.(x)= cos® > f3(X)__sinzx
Phwong phap giai:

Ap dung cong thirc nguyén ham cta ham s luong gidc.

Loi giai chi tiét:
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- dx = —cot x +C suy ra F(x) = cotx trén khoang | 0; Tla mot nguyén ham cua ham sb
sin’ x 2

\Cc’) j

sinx
Pap an D.

Cau 4. Dién tich hinh phing gidi han boi cac d6 thi ham s6 y = 2x* +x+1 va y = x* +3 bang

A2 B. 2

2 2

C.4 D.2
Phwong phap giai:

b
Ap dung cong thirc tinh dién tich hinh phing: S = j [f(x) —g(x)|dx.

Loi giai chi tiét:
x=1

Phuong trinh hoanh d6 giao diém: 2x* +x+1=x*+3 < x> +x-2=0 <:>[ 5
X=-

Trén (-2;1) tacé x> +x—2<0 nén |x2+x—2|=—(x2+x—2).
Dién tich hinh phang can tim Ia: '1[|x2+x—2|dx:—j(x2+x—2)dx:%.
-2 -2

Pap an A.

X+2 y-1 z+3

Cau 5. Trong khong gian Oxyz, cho duong thang d: . Vecto nao dudi day 1la mot vecto

-1 2
chi phuong cua d?
A. u, =(2;11) B. u, =(12;-3)
C. u, =(1—-2;-1) D. u, =(21,-3)

Phwong phap giai:

Xo Y=Y _Z7% 4 mot vecto chi phuwong la U= (a;b;c).

b c

Puong thang d: at
a

Laoi giai chi tiét:
X+2 y-1 z+3

il 5 c6 mot vecto chi phuong 1a U = (-1 2;1).

Puong thang d:

Taco uj =(L,-2,-1) =—u nén uj cung phuong véi u, do do cung la mdt vecto chi phuong cua d.

Pap an C

Cau 6. Trong khéng gian Oxyz, mit phang (P): -2X + 5y + z — 3 = 0 ¢c6 mdt vecto phap tuyén 1a
A. n,=(-251) B. n,=(251)
C. n,=(2;5-1) D. n, =(2,-51)
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© Phuwong phap giai:
Mit phang Ax + By + Cz + D = 0 ¢c6 mot vecto phap tuyén la n= (A;B;C).
Loi giai chi tiét:
Mt phang (P): -2X + 5y + z — 3 = 0 ¢6 mét vecto phap tuyén 1a n, = (-2;5;1).
Pap an A.
Cau 7. Trong khong gian véi hé toa dd Oxyz, cho dudng thang d di qua diém M(3;-1;4) va nhan vecto

u= (—2;4:5) 1am vecto chi phuong. Phuong trinh tham s6 cua d 1a

X=-2+3t X=3+2t
A § y=4-t (teR) B. <y=-1+4t (teR)
Z=5+4t Z=4+5t
X=3-2t X=3-2t
C.qy=1+4t (teR) D.{y=-1+4t (teR)
Z=4+5t Zz=4+5t
Phwong phap giai:
X =X, +at
Dudng thing di qua diém M(X,;Y,:Z,) ¢6 vecto chi phuong U = (a;b;c) ¢6 phuong trinh 1a {y =y, + bt
z=12,+ct
(teR).
Loi giai chi tiét:
X=3-2t
d di qua diém M(3:;-1;4) c6 vecto chi phuwong u= (=2;4;5) c6 phuong trinh 1a Sy =-1+4t (teR).
z=4+5t
Dap an D.
Cau 8. Trong khong gian Oxyz, tinh cosin ctia goc giita hai dudng thang d, :g = % = il ,
. 1 z-
d,: x=1 _y-1l_z 1.
3 3 9
B.0
A L
2
C.1 D. 1
2
Phwong phap giai:
N , PP\l i
Hai duong thang d,, d, c6 vecto phép tuyén lan luot 1a u, u' ¢6 cos(d,,d,)= |4| |«|
uf.ju’

Loi giai chi tiét:

Truy cdp https://loigicihay.com/ dé xem I8i gidi SGK, SBT, VBT tif1dp 1 - 16p 12 tét cé cac mén




LOigiaihGy.com

Vecto chi phuong cua d,, d, 14n luotla U= (é;],‘—i) va u'= (3;3,9). o
2.3+1.3-1.9

2,12 _2\/2 2 2:0'
J22 124 (-1)? N +32 49

cos(d,,d,)=

Dap an B.
Cau 9. Trong khéng gian Oxyz, x4c dinh tdm I va ban kinh R cta mit ciu c6 phuong trinh

(x=3)" +(y+1) +(z-2) =4,

A 1(3;-1;2); R=2 B.1(-3;1;-2); R=2
C.1(-3;1;-2);R=4 D.I(3;-1;2);R=4
Phwong phap giai:

Mit cau phuong trinh (X —a)2 +(y— b)2 +(z —c)2 =R? c6 tam I(a;b;c), ban kinh R.
Loi giai chi tiét:

Mt chu phuong trinh (x —3) +(y+1)" +(z-2)" =4 ¢6 tam I(3;-1;2), bén kinh R = 2,

Pép 4n A.

Cau 10. Mat cau (S) c6 tam I(-1;2;1) va tiép xtc voi mit phiang (P): x — 2y — 2z — 2 = 0 ¢6 phuong trinh 13
A. (x +1)2 +(y—2)2 +(z—1)2 =3 B. (x +1)2 +(y—2)2 +(z—1)2 =9
C. (x +1)2 +(y—2)2 +(z +1)2 =3 D. (x +1)2 +(y—2)2 +(z +1)2 =9

Phuong phép gidi:

Ban kinh mit cau la khodng céch tir I dén (P). Tir d6 1ap phuong trinh mét cau tdm I, ban kinh R =d (1, (P)).

Loi giai chi tiét:

. 1.(-1)-22-21-2
Bén kinh mit cau 1a R=d(|,(P)):| D |=3.
J +(=2)7 +(-2)?

Mt chu (S) c6 tam 1(-1;2;1), ban kinh R = 3 ¢6 phuong trinh 1a (x +1)° +(y—2)° +(z—-1)" =9.

Pap an B.
CAu 11. Cho hai bién ¢ A va B c6 P(A) = 0,8, P(B) = 0,5, P(AB) = 0,2. X4c suit ctia bién cd A véi diéu
kién B 1a
A.04 B.0,5
C.0,25 D. 0,625
Phwong phap giai:
Ap dyng cong thirc tinh xéc suat c6 diéu kién: P(A|B) = % :

Loi giai chi tiét:

Ap dung cong thiuc: P(A|B)=———2=—2-=0,4.

P(AB) 0,2
P(B) 0,5
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Cau 12. Cho P(A) ==, P(B|A)==, P(B|A)==. Gia trj ciia P(B) la

AL B.

60 60

c. 2 D. -

20 30
Phwong phap giai:

Ap dung cong thirc tinh xac suit toan phan.
Loi giai chi tiét:

Tacd P(A)=1-P(A) = 1—§=§

Ap dung cong thirc x4c suat toan phéan:

21 31 17
P(B) =P(A).P(B|A)+P(A).P(B|A) = 5 =160
Dap an B.
Phian I1: Tric nghiém ding sai (2 diém)
1) SBbSS 2) SSbS

Cau 1. Cho ham sd y = f(x) = 2x + 3. Biét F(x) 1a mot nguyén ham cua f(x) trén K.
a) Biét F(1) =2 thi F(x) =x*+3x+2.

2 2 0
b) Gié tri cua j f(x)dx — j f(X)dx + j f(x)dx bing 42.
0 5 -1

¢) Dién tich hinh phang gi¢i han boi cac duong y = f(x), truc hoanh va x = -2, x = 1 bang 6.
d) Thé tich khdi tron xoay thu duge khi quay hinh phang gidi han boi hai duong y = f(x) va y =x* —2x +6

15567
15

quanh truc Ox bang

Phuwong phap gidi:

Ap dung cong thirc tinh nguyén ham ctia ham s6 Iy thira, tinh chat cta tich phan, ing dung tich phan tinh
dién tich hinh phang, thé tich khdi tron xoay.

Laoi giai chi tiét:

a) Sai. F(x) = If(x)dx = I(Zx +3)dx =x"+3x+C.

Tacd F)=2<1"+31+C=2<C=-2.

Vay F(x)=x*+3x-2.

b) Pung. J%f (x)dx — if (xX)dx + }f(x)dx = j.f(x)dx + J%f (x)dx — if (x)dx
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= _Tf(x)dx + J%f(x)dx + if (X)dx = jf(x)dx =F(5)-F(-1)=42.
c) Sai. Voi x <-1,5thi 2x +3 <0, suy ra |[2x+3|=—(2x+3) .

V6ix>-15thi 2x +3 >0, suy ra |[2x +3| = 2x +3.

1 -15 1 13
S= [[2x+3/dx=— [ (2x+3dx+ | (2x+3)dx ==
-2 -2

-15
d) Sai. Phuong trinh hoanh d¢ giao diém:

x=1

x2—2x+6:2x+3<:>x2—4x+3:0<:{ 3
X =

V= 7cj'|(2x+3)2 —(x? —2x+6)2|dx :88?75.

1
CAu 2. Hai dang 1a mot ngon thap dugc thiét ké dé chiéu sang tir mot hé thong dén va thau kinh hodc thoi
xua 1a chiéu sang bang lira, v6i muc dich hd trg cho cac hoa tiéu trén bién dinh hudng va tim duong. Trong
khong gian v6i hé toa d6 Oxyz (don vi trén mdi truc 1a mot mét), coi mot phén mit bién duoc khao sat 1a
mit phang (Oxy), truc Oz huéng 1én trén vudng goc voi miat bién; mot ngon hai dang dinh cao 50 mét so véi
muyc nude bién (Hinh dudi) biét dinh & vi tri 1(21;35;50). Biét ring ngon hai dang nay dugc thiét ké voi ban
kinh phu sang la 4 km.
a) Phuong trinh mit cau dé mé ta ranh gi6i ctia viing phu sang trén bién ctia ngon hai ding trén 1a
(x—21)" +(y—-35)° +(z—-50)" =16.
b) Ngudi di bién coi 1a mot diém & vi tri D(5121;658;0) thi ¢d thé nhin thdy duoc anh sang cia ngon hai
dang trén.
¢) Ngon hai diang pht mot ving sang trén mit bién thi ban kinh ving sang nay 1a 3999,7 (1am tron d&én hang
phan mudi ciia mét) gia st yéu td bi che khuét boi dia hinh 1a khong dang ké).
d) Gia sir nguoi di bién coi 1a mot diém tir vi tri D(5121;658;0) di chuyén theo duong thang dén chan ngon
hai dang véi tbe d6 7 hai 1y/gio (biét 1 hai Iy bang 1852 mét) thi mat 5,28 phut (két qua lam tron dén hang
phan trim) dé dén diém dau tién nhin thiy dugc anh sang ngon hai dang trén.
Phwong phap giai:
Ap dung biéu thuc toa do cac phép toan trong khdng gian.
Loi giai chi tiét:
Doi: 4 km = 4000 m.
a) Sai. Phuong trinh mit cdu dé mo ta ranh gidi cuia ving phu sang trén bién ctia ngon hai dang trén 1a
(x—21)" +(y—35)" +(z—-50)" = 4000°.

b) Sai. Khoang cach tir ngudi di bién dén dinh ngon hai ding 1a:

ID= \/(XD -X, )2 +(Yp Y, )2 +(z, -2, )2 = \/(5121—21)2 +(658—35)2 +(O—50)2 ~5138 (m).
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© ViID > 4000 nén nguoi di bién khong nhin duoc anh sang cta ngon hai dang.
c) Plng. Ban kinh viing séng trén mit bién 1a: +/4000% —50° ~3999,7 (m).
d) Sai. Chan ngon hai dang 1a H(21;35;0).

Tacod DH= \/(21—5121)2 +(35-658)2 + (0—0)? =+/5100% + 6232 .

Khoéng cach tir nguoi d6 dén diém dau tién nhin thdy anh sang ngon hai ding la:

/51002 +623% —/4000% —502 (m).
Téc do di chuyén caa nguoi d6 1a 7 hai ly/gio = 12964 mét/gio.

Thoi gian dé ngudi d6 dén diém dau tién nhin thay anh sang ngon hai dang 1a:

51002 + 6232 —+/4000? —50°

60 ~5,27 (phat).

12964
Phan 111: Tric nghiém tra loi ngin (2 diém)
1) 12,4 2) 0,49 3) 537 4) 0,46

Cau 1. Mot vat dang chuyén dong déu véi van toc v, (m/s) thi bat dau ting téc véi gia toc a(t) = v t+t°
(m/s?), trong d6 t 1a khoang thoi gian duoc tinh bing gidy ké tir thoi diém vat bt dau tang téc. Biét quéng

duong vat di dugc trong khoang thoi gian 3 gidy ké tir l0c bat dau tang toc 12 100 m. Tinh vén téc ban dau
v, (m/s) cua vat (1am tron dén hang phan muoi).
Phwong phap giai:
Tim phuong trinh van tdc va phuong trinh quang dudng ung dung nguyén ham.
Loi giai chi tiét:
2 t3

Phuong trinh van téc: v(t) = Ia(t)dt = I(Vot L t2)dt=v, %+ 3 +C.

2 3
Tai thoi diém t = 0: v(0) = v, = v, :v0?+§+C:>C=vo.

Quang duong vat di dugc trong 3 gidy ké tir 10c bit du ting toc 1a:
3 3 2 3 3 4
t° ot 3 3 15 27
S=|v()dt=||v,—+—+V, |[dt=v,—+—+V,.3=—V,+— (M).
Jvo j(ZBJ 05ty Ved= S Vot (M)
Theo d& bai, quing duong vat di dugc trong 3 gidy ké tir ltc bat dau ting tc 12 100 m nén:

EVO +E =100 = v, ~12,4 (m/s).
2 4

Dap an: 12,4

Cau 2. Khi gin hé toa d6 Oxyz (don vi trén mdi tryc tinh theo kilémét) vao mot san bay, mat phang (Oxy)
triing voi mat san bay. Mot may bay bay theo dudng thang tir vi tri A(3;-2;3) dén vi tri B(8;8;0). Gdc giira
duong bay (mot phan cua duong thing AB va san bay (mot phan cua mat phing (Oxy)) bang o d6. Khi do,

- gidtricua _b_eir_lg a. bao nhiéu (1am tron keét qua dén hang donvi)?

Truy cap https://loigicihay.com/ dé xem I8i gidi SGK, SBT, VBT ti16p 1 - I16p 12 tét c& cadc mén



LOigiaihGy.com

* Phuwong phap giagi:
Gia sir a la goc gitra duong thang d va mat phang (P).

Puong thang d cd vecto chi phuong 1a u va mat phing (P) ¢6 vecto phap tuyén 1a n.

Khi @6 sina =

Loi giai chi tiét:

Pudng thing AB c6 vecto chi phuong 1a AB = (5;10;—3) , mat phiang (Oxy) c6 vecto phap tuyén 13

n=(0;0;1).
. 5.0+10.0-3.1] 3 \
Taco: sino = =—=a~=15
J52+107 +(=3)2 /07 +07 +12 /134
Dap an: 15.

Cau 3. Trong khong gian vai hé toa do Oxyz, mot cabin cép treo xuat phat tir diém A(10;3;0) va chuyén
dong déu theo duong cap co vecto chi phuong 13 U = (2;-2;1) véi tdc do 1a 4,5 m/s (don vi trén mdi truc toa

d6 12 mét). Sau thoi gian 180 gidy, cabin ding ¢ diém B. Tim tung d6 diém B.

Phwong phap giai:
Lap phuong trinh tham sb cia dudng cép, tir d6 suy ra toa d6 diém B theo tham so.
Tinh quing duong AB (dwa vao van toc, thoi gian di chuyén) roi tim t.
Thay t, ta duoc toa d6 diém B.
Loi gii chi tiét:
x=10+2t
Phuong trinh duong cap la: <y=3-2t (teR).
z=t
Diém B thudc duong cap nén B(10 + 2t; 3 — 2t; 1).
Cabin di v6i tc d6 4,5 m/s. Sau 180 gidy, cabin di dugc quing duong 4,5.180 = 810 (m).
Khi d6, cabin dirng & diém B nén ta c6 AB = 810
& (10+2t-10)° +(3-2t-3)" +(t-0)" =810°
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AP 410 =810° o O? =810 <> t=270.

Suy ra B(550; -537; 270). Vay tung d6 diém B 1a -537.

Pap an: -537.

Cau 4. C6 hai doi thi ddu mon ban sting. Do | ¢6 5 van dong vién, doi Il ¢6 7 van dong vién. Xac suat dat
huy chuong vang cia mdi van dong vién doi | va doi IT twong ung 1a 0,65 va 0,55. Chon ngau nhién mot van
dong vién. Gia sir van dong vién duoc chon dat huy chuong vang. Tinh xac suat dé van dong vién nay thuoc
d6i I (1am tron dén hai chir s thap phan).

Phwong phap giai:

Ap dung cong thic tinh xac suat toan phan va cong thirc Bayes.

Loi giai chi tiét:

Goi cac bién cd:

A: “Van dong vién dugc chon thude doi I”.

Suy ra A:“Van dong vién dugc chon thude doi 117,

B: “Van dong vién dugc chon dat huy chuong vang”.

Poi | ¢4 5 van dong vién, doi Il ¢ 7 van dong vién (tong hai doi 1a 12 van dong vién) néntacd P(A) = % ;
— 7

P(A)=—.
(A) B

Xéc suat van dong vién thudc doi I dat huy chuong vang 14 0,65 nén ta co P(B|A) =0,65.

Xac suat van dong vién thuoc déi 11 dat huy chuong vang 1a 0,55 nén ta c6 P(B|A) =0,65.
Ap dung cdng thic xac suat toan phan, xac suit van dong vién dugc chon dat huy chuong vang 1a:

= ~ 7 71

P(B)=P(A).P(B|A)+P(A).P(B|A)=—.0,65+—.0,55=—.
()()(I)()(I)12 o 120

Ap dung cong thiic Bayes, Xac suat van dong vién dat huy chuong vang thude doi | 1a:

5

~_.0,65
P(AlB)zP(A).P(B|A):12 _ 65 0,46,
P(B) 71 142
120
Pap an: 0,46.
Phan IV: Ty luin (3 diém)
a+by3

Cau 1. Biét |(2sinx+cosx)dx = . TinhgiatrictaS=a+b.

2

o!—.w\;]

Phwong phap giai:
Ap dung cong thuc tinh tich phan ciia ham sé lugng giac.

Loi giai chi tiét:
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(2sinx+cosx)dx =—2c0s X +sin x s =—ZCosg+sing—(—2c050+sin0)
0
1 B LB 2443
2

:_2'§+7_(_2'1+0): + 5

VayS=a+b=2+1=3.

.
’
o'—..w\;;
.

Cau 2. Trong khéng gian Oxyz, cho mit phing (o) di qua diém M(1;2;3) va cit cac truc Ox, Oy, Oz lan
luot tai A, B, C (khac gbc toa a6 O) sao cho M 1a tryc tim tam giac ABC. Mit phiang (o) c¢6 phwong trinh
dang ax + by + cz=0. Tinh tong T=a +b +c.

Phwong phap giai:

Mt phiang (o) cét cac truc Ox, Oy, Oz lan luot tai A(m:0;0), B(0;n;0), C(0;0;p), m,n,p=0.

Lap phuong trinh mit chan cua (o) (1)

. K L, . |AM.BC=0
M la truc tam tam gidc ABC nén 2
BM.AC=0

Tu (1) va (2), ta tim dugc m, n, p. Pua phuong trinh mat chan vé dang tong quat, ta tim duoc a, b, c.
Loi giai chi tiét:
Mt phang (o) cét cac truc Ox, Oy, Oz lan luot tai A(m;0;0), B(0;n;0), C(0;0;p), m,n,p=0. Ta c6 phuong

trinh mat phang (o) c6 dang %+%+5=1.

p
Ma M e (o) & = +242 21 (1)
m n p
Tacé AM =(1-m;2;3), BM=(L2-n:3), BC=(0:—n;p), AC=(-m;0;p).

AMBC=0 (3p-2n=0
@{p " ©

BM 3p—-m=0

M la truc tam tam giac ABC nén o
BM.AC=0

Tr()va()suyram=14;n=7; p:%.

Suyra (o) c¢6 phuong trinh %+X+§=1<:>x+2y+32—14=0.

7 14
VayT=a+b+c=1+2+3=6.
Cau 3. Trong mét tdi c6 mot sé chiée keo cuing loai, chi khac mau, trong dé ¢ 6 cai keo mau cam, con lai 1a

keo mau vang. Ha lay ngau nhién mot cai keo tir trong tdi, khong tra lai. Sau 6 Ha lai lay ngau nhién thém
mot céi keo khéc tir trong tli. Biét rang xac suat Ha lay duoc ca hai cai keo mau cam la % . H6i ban déau

trong tui c6 bao nhiéu céi keo?
Phwong phap gidi:
Goi x la téng sb keo trong ti.
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© Apdung cong thic nhan x4c sut dé tmx.
Loi giai chi tiét:
Goi cac bién cb:
A: “Lay dugc keo mau cam lan tha nhat”.
B: “Lay duoc keo mau cam lan thir hai”.

Goi tong s6 keo 1a x (chiéc; x eN, x > 6).

A z = A A A = A A z A A A A Y 6
Ban dau, c6 6 chiéc keo cam trong tong so x chiéc keo nén xac suat lay duoc keo cam lan dau la P(A) =—.
X

Sau d6, con 5 chiéc keo cam trong tong sb x — 1 chiéc keo con lai nén xéac suét lay duoc chiéc keo cam lan

thit hai (biét In dAu da Iy duoc keo cam) 12 P(B|A) = il

Ap dung cdng thirc nhan xac suat, xac suat dé lay ca hai lan déu dugc keo cam 1a:
6 5 30

P(AB) =P(A)P(B|A)= . = oD

Theo d¢ bai: P(AB)=£<:> 30 =E<:>x2—x—90=0<:>
3 x(x-1) 3

x=10
X=-9

Ta co x = 10 théa man diéu kién. Vay ban dau trong tui c6 10 chiéc keo.
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