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PE THI HQC Ki Il —Pésb 4
Mon: Toan hoc - Lép 12
Chuwong trinh GDPT 2018
BIEN SOAN: BAN CHUYEN MON LOIGIAIHAY.COM

Myc tiéu

- On tdp Iy thuyét hoc ki I ciia chwong trinh sach gido khoa Toén 12.
- Van dung linh hoat ly thuyét da hoc trong viéc giai quyét cdc cdu héi trdac nghiém va ty ludn Toan hoc.

- Tong hop kién thire dang hé thong, dan trdi tat ca cdc chirong hoc ki I\ — chwong trinh Toan 12.

““HUONG DAN GIAI CHI TIET
THWC HIEN: BAN CHUYEN MON LOIGIAIHAY.COM

Phin |: Tric nghiém nhiéu phuwong 4an lya chon (3 diém)
1)A 2)A 3)D 4)B 5 C 6) B
7C 8)B 9)D 10) A 11)B 12) A

Cau 1. Tim F(x) = [ n’dx.

_ 2 22
A. F(x)=n"x+C B F(x):nx LC
C. F(x)=2nx+C 3
®) D. F(x) ==
3
Phwong phap giai:

Ap dung cong thirc j dx =x+C va j kf (x)dx = k j f(x)dx .
Loi giai chi tiét:

F(x) = jnzdx = nzjdx =n’x+C.

Pap an A.

Cau 2. Cho f(x) 1a ham sé lién tuc trén [1;2]. Biét F(x) 1a mot nguyén ham cua ham s f(x) trén doan [1;2]

2
théa man F(-1) = 2 va F(2) = 3. Khi d6 jf(x)dx bing
1

A.5 B.1
C.-5 D.-1
Phwong phap giai:
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Ap dung dinh nghia tich phan Jf (x)dx =F(b)—F(a) .
Loi giai chi tiét:

jf(x)dx =F(2)-F@)=3-(-2)=5.

1

Dap an A.

Cau 3. Cho jf(x)dx =3 va j.g(x)dx =7.Tinh Jl'[f (x)—g(x)]dx.

A. 10 B.-4
C.-10 D.4
Phwong phap giai:

Ap dung tinh chat cua tich phan.

Loi giai chi tiét:

1 1 1

[[F0-g00]dx = [F()dx - [g(x)dx =3-7 = 4.
0 0 0

Pap an D.
CAu 4. Dién tich hinh phing gi6i han béi d6 thi ham sé y = x* —4Xx, truc hoanh va hai duong thing x = 0, x
=3 bang

A. ni|x3—4x|dx B. J3'|x3—4x|dx
0

0

C.n (x3 —4x)2 dx D. (x3 —4x)dx

O ey
O ey W

Phwong phap giai:
Ap dung cong thirc tinh dién tich hinh phang giéi han boi do thi ham s6 y = f(x), truc hoanh, hai duong

b
thingx =a,x=b: S= I|f(x)|dx .
Loi giai chi tiét:

3
Dién tich hinh phing 1a j [x* - 4x|dx.
0

Pap an B.
X=2+t
CAu 5. Mot vecto chi phuong cua duong thang {y=-1+3t (teR) la
z=2t
A. u, = (13,0) B. u,=(2-12)
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Ccu-03»  D.u=@-10)

Phwong phap giai:
X =X, +at

Pudng thang {y =y, +bt c6 mot vecto chi phuong 1a u=(a;b;c).
z=z,+ct
Loi giai chi tiét:
X=2+t
Puong thang {y=-1+3t (teR) c6 mot vecto chi phuong 1a u? =(13,2).
z=2t
Pap an C.
Cau 6. Trong khéng gian Oxyz, mit phang di qua gdc toa do va song song v&i mit phang 5x — 3y + 2z — 3 =

0 c6 phuong trinh 1a

A.5x-3y+2z2+5=0 B.5x-3y+2z=0
C.10x+6y+4z=0 D.4x+y+5z=0
Phwong phap giai:

Mit phing c6 phuong trinh tong quat Ax + By + Cz + D = 0.

Tim A, B, C: Dya vao hai mit phing song song co cuing vecto phap tuyén.

Tim D: Thay toa do diém thudc mat phéng VAo X, y, Z dé tim D.

Loi giai chi tiét:

Mit phang song song vi mat phang 5x — 3y + 22 — 3 =0 c6 dang 5x — 3y + 2z + D = 0.

Vi mit phang can tim di qua gbc toa dd nén 5.0 - 3.0 +2.0+ D =0, suy raD = 0.

Vay mit phang can tim 1a 5x — 3y + 2z = 0.

Pap an B.

Cau 7. Trong khéng gian Oxy, cho mit phing (oc) . X + 2y — 2z + 3 = 0. Phuong trinh tham s6 ctia duong

thang di qua diém A(2;1;-5) va vudng goc v6i mit phang (o) 12

X=-2+1 x=1+2t
A Jy=-1+2t (teR) y=2+t (teR)
Z=5-2t z=-2-5t
X=2+t (x=2-t
C.iy=1+2t (teR) y=1+2t (teR)
z=-5-2t z=-5-2t
Phwong phap giai:
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o v X=X,+at

Pudng thing di qua diém M(X,;Y,;2,) ¢6 vecto chi phuong U = (a;b;c) c6 phuong trinh Ia {y =y, +bt

z=2,+ct

(teR).

Loi giai chi tiét:

Vi duong thang vudng goc véi (oc) nén vecto phép tuyén ctia (a) la mot vecto chi phuong ctia duong

thang.

X=2+t
Phuong trinh dudng thing nhan u = (1;2;—2) lam vecto chi phuong va di qua diém A(2;1;-5) 14 { y =1+ 2t

z=-5-2t

(teR).
Pap an C.

R N i R e B . x-1 y+3 z+3 . .
Cau 8. Trong khdng gian vai hé toa do Oxyz, cho hai duong thang d, : == 3 vad,:

X =3t

y =—1+2t. Ménh d¢ nao dudi day ding?

z=0

A. d, va d, tring nhau B. d, va d, cit nhau

C. d, va d, song song D. d, va d, chéo nhau
Phwong phap giai:

Duya vao vecto chi phuong ciia hai dudng thang va xét xem hai duong thang c¢6 giao diém khong.
Loi giai chi tiét:
Vecto chi phwong cua d,, d, lan luot 1a ui =(12;-3) va uj =(3;2;0).

Hai vecto trén khong ciing phuwong véi nhau nén hai duong thang chéo nhau hoic cit nhau.

X=1+t'
Phuong trinh tham s6 ctia d, 13 {y=-3-2t' (teR).
z=-3-3t'
3t=1+t"
, t=0
Xét < -1+2t=-3-2t'< to 1
0=-3-3t' -

Do d6 d, va d, cit nhau tai diém c6 toa d6 (0;-1;0).
Pap an B.
Cau 9. Trong khéng gian Oxyz, mit cau (S): X* +y* +2z° —4x+2z+4=0 c6 tAm va ban kinh 1an luot 1a

A.1(2;0;-1); R=3 B.1(4,0;-2); R=3
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- C(201;R=1  DI0-);R=1
Phwong phap giai:

Mit cau phuong trinh X +y? +2° —2ax — 2by —2cz+d =0 ¢6 tdm I(a;b;c), ban kinh R = Ja?+b?+c?—d.

Loi giai chi tiét:

Mit cau phuong trinh x> +y® +2° —4x+2z+4 =0 c6 tam 1(2;0;-1), ban kinh R = \/22 +0° +(-1)? -4 =1.

Pap an D.

Cau 10. Xac dinh m dé mit phing (P): 3x — 4y + 2z + m = 0 di qua diém A(3;1;-2).
A m=-1 B.m=1
C.m=9 D.m=-9

Phwong phap giai:

Thay toa d6 diém A vao phuong trinh (P) rdi giai, tim m.
Loi giai chi tiét:

Tacd 3.3-4.1+2.(-2)+m=0<m=-1.

Pap an A.

Cau 11. Cho A va B 14 hai bién ¢d. P(A) = 0,7, P(BJA) = 0,9. Tinh P(AB).
A.0,9 B. 0,63
C.0,2 D.0,16

Phwong phap giai:

Ap dung cong thirc nhan xac suat: P(AB) = P(A).P(BJA).

Loi giai chi tiét:

Ap dung cong thirc nhan xac suat: P(AB) = P(A).P(BJA) = 0,7.0,9 = 0,63.

Pap an B.

Cau 12. Cho hai bién ¢ A va B v6i P(B) = 0,8, P(A|B) = 0,7, P(A|B) =0,45. Tinh P(BJA).

A 2 B. 12
65 19
C. \} D. 22
13 157
Phwong phap giai:

Ap dung cong thirc tinh x4c suat toan phan.

Loi giai chi tiét:

P(B)=1-P(B)=1-0,8=0,2.

P(A) =P(B).P(A|B)+P(B).P(A|B)=0,8.0,7+0,2.0,45=0,65.

P(B|A) = P(B).P(A|B) 0,8.0,7 _56
" P(A) 065 65

Pap an A.
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“Phan Il Tric nghiém ding sai 2 diém)

1) DPSPD 2) bSPbS

Cau 1. Cho ham sé (x) =x*+1 va ham s g(x) = 2x.
a) Ho nguyén ham cua g(x) 1a G(x) =x*+C.

2

14
b) | f(X)dx =—.
) j ()dx ==

¢) Dién tich hinh phang gi¢i han boi ham f(x), g(x) va hai duong thang x = 0, x = 3 bang 3.
d) Cho hinh phang H giéi han bai ham s6 f(x) = x* +1, truc hoanh va hai duong thang x = 1, x = 2. Thé

tich khéi tron xoay tao thanh khi cho hinh H xoay quanh tryc Ox la 1Z7L§n .

Phwong phap giai:

Ap dung cong thirc tinh nguyén ham ctia ham s6 lily thira, dinh nghia tich phan, ing dung tich phan tinh
dién tich hinh phang, thé tich khdi tron xoay.

Loi giai chi tiét:

a) Ping. G(x) = Ig(x)dx = IZde =x*+C.

2

b) Sai. Z[f(x)dx = [(* +D)dx = ()%xj

0

2 3
=2—+2=E.
3 3

0

c) Ping. S= _3[|x2 +1—2x|dx =3.
0

178x
X = .

2
d) Ding. S=n!(x2+1)2d e

Cau 2. Trong khéng gian Oxyz, cho cac diém A(-3;0;1), B(0;-2:-3), C(0;0;3), D(-3:1;1). Goi (S) 1a mit cau
ngoai tiép tir dién ABCD.

a) Hinh chiéu vuong goc cua tam mat ciu (S) Lén tryc Oy 1a diém H (0; % X Oj .
5 r < A A 3A A 5 o A M 1
b) Khoang cach tir goc toa d6 dén tdm ctia mat cau (S) bang 5

V451

¢) Mit cau (S) c¢6 ban kinh bang =

d) Puong thing d: X_2—1 y

z-2 .. R , o A
:_:T di qua tam ctia mat cau (S).

Phwong phap gidi:
Goi (S): X +y* +2° —2ax—2by—-2cz+d=0.

Thay toa do cac diém thudc (S) vao phuong trinh, ta duoc hé phwong trinh, giai hé tim a, b, ¢, d.
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©a) Hinh chiéu cia M(a;bic) trén Oy A M°(06:00.

2

b) AB:\/(XB—xA)2+(yB—yA)2+(zB—zA) :

¢) R=+a2+b’+c*—d.

d) Thay toa d tAm mit cau (S) vao phuong trinh cia d. Néu thoa man thi d di qua 1.
Loi giai chi tiét:

Goi (S): X* +y? +2° —2ax—2by—-2cz+d=0.

(S) di qua A(-3;0;1), B(0;-2;-3), C(0;0;3), D(-3;1;1) nén ta c6 hé¢ phuong trinh:

1
a==
6a—2c+d=-10 6
4b+6c+d=-13 bl
e 2
—-6c+d=-9 .
6a—2b—-2c+d=-11 CZ—E
d=-12

Suy ra tam mit cau (S) 1a I(%;%;—lj.

a) Phng. Hinh chiéu cua |(%;%;-%} 1én truc Oy 1a |(o;%;oj .

. Sai_o.zJ(z_ojl(z_o)l(_z_of 9
6 2 2 6
oving f= (2] (2] (2] -2
1,1 1
6 2

d) Sai. Taco T # % # nén [ khong thudc d, hay d khong di qua 1.

Phan I11: Tric nghiém tra loi ngin (2 diém)
1) 1,68 2) 263 3) 100 4) 0,65

Cau 1. Mot con lic 16 xo dao dong diéu hoa theo phuong ngang trén mit phang khong ma sat nhu hinh bén
dudi, c6 van téc tic thoi cho bai v(t) = 2cost, trong d6 t tinh bang gidy va v(t) tinh bang cm/s. Tai thoi diém
t =0, con lic & vi tri can bang. Tinh quing dudng ma con lic 10 xo di chuyén duoc sau 1 gidy ké tir vi tri can

bang theo don vi centimet (1am tron d&én hang phan tram).
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Vi tri cin bing

l
NAAAAAAANA S

Phwong phap giai:
1

Tinh S=[|v(t)|dt.
0

Loi giai chi tiét:

Quiéng dudng con lac 16 xo di chuyén dugc la:

1 1
S= I|v(t)|dt = “2 cost|dt ~1,68 (cm).
0 0

Pap an: 1,68.
Cau 2. Trong khéng gian vai hé toa do Oxyz, mot chiéc may bay cit canh tir diém P(15;-4;2) va bay déu
theo hudng cua vecto d = (3;1,—2) Vi tec d6 5 m/s. Sau thoi gian 200 gidy, may bay dén diém Q. Tim tung
d6 diém Q (két qua lam tron dén hang don vi).
Phwong phap giai:
Lap phuong trinh tham sb cta dudng bay, tir d6 suy ra toa do diém Q theo tham sd.
Tinh quing duong PQ (dya vao van tdc, thoi gian di chuyén) rdi tim t.
Thay t, ta dugc tung do diém Q.
Loi giai chi tiét:
Pudng bay 1a duong thing di qua P(15;-4;2), nhan d = (3;1;—2) lam vecto chi phuong nén c6 phwong trinh
x=15+3t
thamsé la {y=—-4+t (t>0).
z2=2-2t
Tbc do ciia may bay 1a 5 m/s. Sau 200 gidy, quing duong di chuyén cia may bay 13 PQ = 5.200 = 1000 (m).
Vi Q thudc duong bay nén gia sir Q(15+3t;—4+1;2—2t).

Do PQ = 1000 nén ta c6 /(15+3t —15)% + (—4+t +4)% + (2 — 2t —2)? =1000

& J(3t)7 + (+1)% +(2t)% =1000

< /14t =1000
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TungdocuaQla y=—4+t=—4+ 1000 ~ 263.

\/1_4
Dap an: 263.
Cau 3. Trén mot suon nui (c6 do nghiéng déu), ngudi ta trong mot cay thong va mudn giit né khong bi
nghiéng bang hai s¢i dy neo nhu hinh v&. Gia thiét cay thong moc thang ding va trong mot hé toa do phu
hop, cac diém O (gbc cay théng), A, B (noi budc day neo) c6 toa do twong g 1a 0(0;0;0), A(3;-2;1), B(-5;-
3;1) (don vi trén mdi tryc toa do 1a mét). Biét rﬁng hai soi day neo déu dugc budc vao than cay tai diém
C(0;0;5) va day kéo cang tao thanh cac doan thang. Tong cac goc tao bdi mdi day neo va mit phang swon

nui bang bao nhi€u dJ (1am tron s6 do cac goc dén hang don vi ctia d9).

Phwong phap giai:

Str dung cong thirc tinh tich c6 huéng dé tim vecto phap tuyén n cua mat phang (OAB).
Tinh cac vecto CA, BC.

BC,

———:, sin(BC,(OAB)) = |

Dl

Ap dung cong thic sin(CA, (OAB)) = , tir d6 tinh duroc cac goc.

UJ
O

Ji
Loi giai chi tiét:

Tacé OA=(3-2;1), OB =(-5,-3;1).

oo [ 3 Zpesm

Do d6 n=(1-8;-19) la mét vecto phép tuyén cia mat phing (OAB).
Tacd CA=(3;,-2,—4), BC=(5;3;4) nén:

CAN  Bi+(-2.(8+(4(19] o

in(CA,(OAB))=——= - '
S A A T ™ 7 (2 -y T oy (15 i2o5a

Suy ra (CA, (OAB)) ~59°.

BCn 51+3.(-8+4(-19)] 9
|ﬁ|| | V5% +32 + 42 \/12+( 8)? +(-19)? 104213

sin(BC, (OAB)) =

Suy ra (BC,(OAB)) = 41°.

Vay tong cac goc tao bai mdi day neo va mat phang suon ndi bang 59° +41° =100°.
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 Papam:100.
Cau 4. C6 hai hop dung bong. Hop 1 ¢6 4 qua bong mau xanh va 8 qua bong mau do. Hop 11 ¢6 6 qua bong
mau xanh v 4 qua bong mau d6. Trudc tién, tir hop II 1iy ra ngau nhién 1 qua bong rdi cho vao hop L. Sau
do, tir hop I 1ay ra ngau nhién 1 qua bong. Tinh xac suat dé qua bong duoc 1y ra tir hop I 13 qua bong mau
d6 (két qua 1am tron dén hang phan tram).
Phwong phap giai:
Ap dung cdng thuc tinh xac suat toan phan.

Loi giai chi tiét:

Hop | Hop 11
4 xanh 8 do 6 xanh 4 do6

Goi cac bién co:

A: “Béng duoc ly ra tir hop 11 cho vao hop I 1a mau do”.

Suyra A: “Bong duoc lay ra tir hop 11 cho vao hop I 1a mau xanh”.
B: “Bong dugc lay ra tir hop | 1a mau do”.

* TH1: A Xay ra. Dé B xay ra thi c¢6 2 cong doan:

+ Chon dugc bong do tu hop 11: P(A) = ‘:) g
Sau khi cho bong dé tir hop 11 vao hop 1, hop | ¢6 9 qua do trong tong sb 13 qua.
+ Chon dugc bong do tu hop I: P(B|A) = i
29 18
Vay xac suat xay ra TH1 la P(A).P(B|A)==.—==—
ay at xay ()(I)51365

*TH2: A xay ra. Dé B xay ra thi c6 2 cong doan:
6 3

+ Chon dugc béng xanh tir hop 11: P(A) = 0E

Sau khi cho bong xanh tir hop 11 vao hop I, hop | ¢6 8 qua do trong téng sb 13 qua.
+ Chon duoc bong do tir hop I: P(B|A) = 8 :

, — — 38 24
Vay x&c suat xay ra TH2 1a P(A).P(B|A)==—.— =—.
ay at xay (A)P(BIA) =13 65
Ap dung cong thuc tinh x4c suét toan phan:

18 24 42

P(B)=P(A).P(B|A)+P(A).P(B|A —=—=~0,65.
()()(l)()(|)656565
Pap an: 0,65.

Phan IV: Ty luin (3 diém)
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43

va cac truc toa do. Dién tich hinh phing

Cau 1. Goi S 1a hinh phang gidi han boi d6 thi ham s (H): 3
S bang bao nhiéu (két qua lam tron dén hang phén trim)?
Phwong phap giai:

Tim giao diém caa d6 thi (H) véi truc hoanh.

Ap dung cbng thtec tinh dién tich hinh phang bang tich phan.
Loi giai chi tiét:

Taco 4-3X

3 =0 x= % , suy ra dd thi (H) giao v6i truc hoanh tai diém c6 hoanh d6 bang % .
X+

Dién tich hinh phing can tim la:

4 4
3[4 3/ 4
S:I4 3x d :J‘(4 3de ~0,78
ol X+3 o\ X+3
Cau 2. Tai mot nut giao thong co6 hai con duong. Trén thiét ké, trong khong gian Oxyz, hai con dudng d6
X =1+at
A . \ 2 A , \ . . N x-1 y-2 z-3 _, 2
thudc hai duong thang lan lugt ¢6 phuong trinh 1a d;: Jy =t vad,: =5 = . Tim a dé
z=-1+2t
nat giao thong trén 1a nat giao thong cung murc.
Phwong phap giai:
Tim a dé d,, d, cét nhau.
Loi giai chi tiét:
Vecto chi phwong ciia d,, d, 1an luot 1a u, = (a;1;1), u, = (1 -2;1).
=2 1 — \
Vi T #* 1 nén hai vecto u, va u, khong cung phuong.
l+at=1-t" (2
Nt giao thong 1a cing mirc khi d, , d, cat nhau. Khi d6 hé phuong trinh {t =2+ 2t" (2) c6 nghiém

-1+2t=3-t" (3)
duy nhét.

t=2

Tu (2)va(3
u()va()suyra{t'zo

Heé c6 nghiém duy nhét khi {t =0 cling la nghiém cua (1).

Thay t=2,t=0vao (1), ta dugc 1+a.2=1-0<a=0.

Vay dé nat giao thong trén 1a nat giao théng cling muc thi a = 0.

Cau 3. Mot cong ty bao hiém nhan thiy c6 48% sb ngudi mua bao hiém 6 t6 1a phu nit vao c6 36% sd ngudi
mua bao hiém 6 t6 13 phy nir trén 45 tudi. Biét mot ngudi mua bao hiém 6 t6 14 phu ni¥, tinh x4c suat nguoi

 douendSwéi.
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© Phuwong phap giai:

P(AB)
P(A)

Ap dung cong thire tinh x4c sut co diéu kién: P(B|A) =

Loi giai chi tiét:

Goi cac bién cb:

A: “Ngudi mua bao hiém 6 t6 1a nir”.

B: “Ngudi mua bao hiém 6 to trén 45 tubi”.

Ta can tinh P(B|A).

Do c6 48% ngudi mua bao hiém 6 t6 1a phu nit nén P(A) = 48% = 0,48.

Do ¢c6 36% s6 nguoi mua bao hiém 6 t6 1a phu nit trén 45 tudi nén P(AB) = 36% = 0,36.

P(AB) 0,36

Viy P(B|A) = _036 _
Wy PBIA=Z3 A ~0.48

0,75.
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