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Myc tiéu

- On tdp Iy thuyét giita hoc ki 1| ciia chwong trinh sdch gido khoa Toan 12.
- Van dung linh hoat ly thuyét da hoc trong viéc giai quyét cdc cdu héi trdac nghiém va ty ludn Toan hoc.

- Tong hop kién thire dang hé thong, dan trdi tat ca cdc chieong giita hoc ki Il — chiong trinh Toan 12.

““HUONG DAN GIAI CHI TIET
THUC HIEN: BAN CHUYEN MON LOIGIAIHAY.COM

Phin |: Tric nghiém nhiéu phuwong 4an lya chon (3 diém)
1)B 2)C 3)C 4)D 5 A 6) B
7)B 8)D 9)A 10) D 11) A 12) C

Cau 1. Ho cac nguyén ham cua ham sb f(x) =5x* -6x° +1 1a
A. 20x° -12x+C
B. x>-2x*+x+C

C. 20x° -12x* +x+C

X4

D. =—+2x*-2x+C
4
Phwong phap gidi:

a+l

+C.

Ap dung cong thirc nguyén ham ctia ham s iy thura: J'X“dx = i1
o+

Laoi giai chi tiét:
5 3
[ (5x* ~6x +1)dx =5.X?—6.X?+X+C =X —2x* +X+C.
Pap an B.
Cau 2. Ham s F(x) 1a mot nguyén ham cia ham sb f(x) trén khoang K néu
A. F’(x) =-f(x), YxeK
B. (x) =F(x), VxeK
C.F’(x) =f(x), ¥xeK
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D.P()=-F(x), VxeK
Phwong phap giai:
Ap dung dinh nghia nguyén ham.
Loi giai chi tiét:
Ham s6 F(x) 1a mot nguyén ham ctia ham s6 f(x) trén khoang K néu F’(x) = f(x), Vx e K.
Pip 4n C.

Cau 3. Ho nguyén ham ctia ham s6 f(x) = L + \/_ la

3 Ix
A. 33’/;+2\/;+x X+C
3
§+2\/;+9Xf+C

B.

C. Yx+2Ix +xIx +C
D. ¥x +Vx +x/x +C
Phwong phap giai:

a+l

+C.

Ap dung cong thirc nguyén ham cta ham sé liy thira: J'X“dx = i1
o+

Loi giai chi tiét:

2z 1 1
3\/_ 1x 3 +X 2+gx Z,

f(x)—r f >

2 1 L 1o
If(x)dx=j£%x P +X 2+gx2jdx:%.3x3 +2x2 +g.

oo||\>

3 1
X2+C= &+2\/§+[sz +C

3
=3 x+2\/;+(\/;) +C=Ix+2x +x/x +C.
Pap an C.
Cau 4. Cho f(x) 1a ham sb lién tuc trén doan [a;b] va F(x) 1a mot nguyén ham cia ham sé f(x). Tich phan tir

a dén b cua ham sé f (x) duoc ki hiéu 1a

A. TF(x)dx =f(x) b —f(a)—f(b)
B. jb.f(x)dx = F(x) T F(a) - F(b)

C. iF(x)dx =f(x) b =f(b)-f(a)

a

D. Tf(x)dx = F(x) T F(b) - F(a)

a

Phwong phap gidi:
_ Duvavao dinh nghia tich phan.
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Loi giai chi tiée:

Cho f(x) 1a ham sé lién tuc trén doan [a;b] va F(x) 1a mot nguyén ham caa ham sb f(x). Tich phan tir a dén b

b b
cta ham s6 f (x) dugc ki hiéu la J'f(x)dx =F(x)| =F(b)-F(a).

a

Pap an D.

3
Cau 5. Tinh [ x’dx duge két qua la
-1
28

A —
3

26
3

25
3

29
3

Phwong phap giai:

C.

D.

a+l

+C.

Ap dung cong thirc nguyén ham ctia ham sd iy thira J- xX“dx = 1
o+

b b
Ap dung dinh nghia tich phan j f(x)dx = F(x)| =F(b)-F(@).

a

Loi giai chi tiét:

3 3[3 93 [ 1\3

.[xzdx=x— ) :9+l:§.
he 3|, 3 3 3
Pap an A.

3
Cau 6. Cho | = [[2x—4|dx . Chon khéng dinh diing.
-1
3
j(2x —4)dx

-1

A l=

2 3

B. | :—I(Zx—4)dx+j(2x—4)dx

3

C. |=j(2x—4)dx+j(2x—4)dx

D. I= j.(2x—4)dx—j.(2x—4)dx

2
Phwong phap gidi:
Khi f(x) < 0 thi [f(x)| = -f(x).
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Khif(x) > 0 thi () = f(x).
Loi giai chi tiét:
2X—-4=0<=x=2.
Khi x <2< 2x-4<0=2x—4|=—(2x—4).

Khi x>2< 2x-4>0=|2x-4|=2x-4.
3 2 3 2 3

= [[2x—4|dx = [[2x—4|dx + [[2x—4|dx = (2x = 4) dx + [ (2x—4) dx.
-1 -1 2 -1 2

Dap an B.
Cau 7. Cho mjt phang (o) vudng goc véi gia clia a = (—4;2;6) . Vecto nao dudi ddy la mot vecto phap
tuyén ctia (o) ?

A. n, =(213)

l

B.

>

2% (_2;1; 3)

C. n, =(4,-2;6)

D.n,

(4,2,-6)
Phwong phap giai:
Ap dung diéu kién dé hai vecto cting phuong: a=kb.
Loi giai chi tiét:
Vecto phap tuyén cia (o) clng phuong véi a = (~4;2;6).
Ma n, =(-2;1;3) = %5 nén n, = (~2;1,3) la mot vecto phap tuyén cia (o).
Pap an B.
Cau 8. Trong khéng gian Oxyz, cho hai diém A(1;2;3) va B(1;-4;1). Mit phang qua A va vudng goc voi
duong thang AB c6 phuong trinh 14
A. —6y—2z-18=0
B.3y+z+1=0
C. -6y—-2z-22=0
D.3y+z-9=0
Phwong phap giai:
Mit phang qua A va vudng goc voi dudng thing AB nhan AB lam vecto phap tuyén.
Loi giai chi tiét:
Mit phing qua A(1;2;3) va vudng goc v6i dudng thing AB nhan AB = (1-1;—4—2;1—3) = (0;—6;—2) lam
vecto phap tuyén c6 phuong trinh 1a:
00— ~6(y~2)-2(2-9) =0 by 2018023y +2-9=0. _
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 pipanD.
Cau 9. Trong khong gian Oxyz, cho mit phiang (P): X + y — 3z — 4 = 0. Piém nao sau ddy thudc mit phang
(P)?
A. A(0;4;0)
B. B(1;-6;-3)
C. C(2;2;0)
D. D(2;2;1)
Phwong phap giai:
Thay toa dg cac diém vao phuong trinh, néu thoa man thi diém d6 thudc mat phfmg.
Loi giai chi tiét:
Thay toa do cac diém vao phuong trinh mat phéng, théy chi c6 toa do diém A(0;4;0) thoa man phuong trinh
mit phang, do: 1.0+ 1.4 —3.0-4=0.
Vay A(0;4;0) thuoc (P).
Pap an A.
Cau 10. Trong khong gian Oxyz, dudng thing d di qua diém M(1;1;1) c6 vecto chi phuong u = (L;2;3) c6
phuong trinh 1a
X=1+t

A Jy=1+2t (teR)
z=1-3t

-

X=1+3t
B. y=1+2t (teR)
z=1+t

X=1+t
C.iy=1+3t (teR)
z=1+2t

X=1+t
D.<y=1+2t (teR)
z=1+3t

Phwong phap giai:
X =X, +at
Puong thing di qua diém M(X,;Y,;Z,) c6 vecto chi phuong U = (a;b;c) c6 phuong trinh 1a {y =y, + bt
Z=2,+Ct
(teR).

Loi giai chi tiét:
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d di qua diém M(1;1;1) c6 vecto chi phuong U= (4;2;3) co phuong trinh 1a {y=1+2t (teR).
z=1+3t
Pap an D.
Cau 11. Trong khong gian Oxyz, khoang cach tir diém M(1;4;-7) dén (P): 2x -y +2z+7=0la
A.3
B.5
C.7
D. 12
Phwong phap giai:
Ap dung cong thtrc tinh khoang cach tir mot diém dén mot mit phang.
Loi giai chi tiét:
d(M, (P)) = 21-1.4+2.(-7)+7| _9_ 3
22+ (1) + 22 3

Dap an A.

Cau 12. Géc giita hai mat phang (P): x +2y +z—1=0va (Q): -x +y + 2z + 2 = 0 bang

A. 30°

B. 45°

C. 60°

D. 90°

Phwong phap giai:

Trong khéng gian Oxyz, cho hai mit phang (P), (Q) tuong mg c6 cac vecto phap tuyén 1a

n= (A; B; C), n = (A'; B’ C’). Khi d6, goc gitra (P) va (Q), ki hi¢u 1a ((P), (Q)) dugc tinh theo cong thirc:

B |AA'+BB'+CC|
0s((P).(Q) = JAT 1B+ C2AJAZ+B?+C7

Laoi giai chi tiét:

1.(-1)+2.1+1.2 1 .

cos((P),(Q)) = D2 1 () ()e0e
V2422 412 (1) + 12+ 22 2

Dap an C.

Phan I1: Tric nghiém ding sai (2 diém)

1) DSSS 2) PDSS

Cau 1. Cho ham s6 f(X) =x*—4x.
a) Hoanh d6 giao diém ctia do thi ham sd y = f(x) va Ox la nghiém cua phuong trinh f(x) = 0.

b) x> —4x>0, vx €[0;4].
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¢) Dién tich hinh phang gi6i han boi do thi ham sé y = f(x) va Ox duoc tinh theo cong thirc j |x2 - 4x| dx .
4

d) Hinh phéang giéi han boi do thi ham s6 y = f(x) va Ox c6 dién tich 1a 32.

Phwong phap giai:

a) Hoanh do giao diém cua do thi y = f(x) v6i d thi y = g(x) 12 nghiém ctia phwong trinh f(x) = g(x).
b) Ap dung dinh li vé ddu ctia tam thirc bac hai.

b
¢, d) Ap dung cong thirc tinh dién tich ctia hinh phang S = Hf (x)|dx..

Loi giai chi tiét:
a) Pung. Truc Ox c6 phuong trinh y = 0 nén hoanh d¢ giao diém ctia do thi y = f(x) v6i truc hoanh 1a
nghiém cua phuong trinh y = f(x).

x<0
b) Sai. x2—4x20<:>L(>4 va X*—4x<0=0<x<4.

¢) Sai. Phan dién tich gi¢i han boi dd thi y = f(x) véi truc Ox c¢6 hoanh d6 thudc doan [0;4], duoc tinh boi
4

cong thirc _HX2 —4X|dx :
0

d) Sai. Trén doan [0;4], taco X* —4x <0 nén |x* —4x|=4x—x’.

£

4
=2.4" - :
3 3

0

Dién tich hinh phing d6 1a I|x2 —4x|dx = I(4x —x*)dx = (sz - ng

Cau 2. Pit mot qua bong & goc nha, biét trén qua bong c6 mot diém M cach hai birc tuong 5 cm va céch san
nha 6 cm. Chon hé truc toa 46 Oxyz sao cho goc nha 1a goc phan tu thir nhat va san nha 13 mit phang Oxy.
a) M(5;5;6).

b) Mit phang chtra hai birc tuong ¢6 phuong trinh lan luot 1ay = 0 vax = 0.

c) Chi c6 mot qua bong théa méan yéu cau bai toan.

d) Ban kinh cua qua bong thude (5;11) cm).

Phwong phap giai:

Ap dung quy tic xac dinh toa d6 diém va cong thic tinh khoang cach giita hai diém trong khong gian.

Loi giai chi tiét:
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a) Pung. M(5;5;6).

b) Piing. Mit phang chira hai birc tudong c6 phwong trinh lan lugt [Ax =0 vay = 0.

c) Sai. Goi I 1a tAm ciia qua bong. Vi béng duoc dit & goc nha (tiép xac v6i hai mit tudng va san nha) nén I
cach ba mit phing trén dung mot khoang bang ban kinh r. Khi d6 I(r;r;r).

Vi M I m6t diém trén bé mit qua bong nén IM=r & (5-r1)" +(5-r)° +(6-r)° =1

86301+ 212 20 o | =8 V2LR1258
r,=8-+21~3,42

Viy c6 hai qua bong thoa man yéu cau bai toan.

d) Sai. Ban kinh ciia qua bong c6 thé 1a 1, 12,58 (cm) hoic 1, ~ 3,42 (cm) nén khong thugc (5;11) (cm).

Phan III: Tric nghiém tra 10i ngin (2 diém)

1) 45 2) 10,7 3)5 4) 20

Cau 1. Mot 6 t6 dang chay v6i van téc 18 m/s thi ngudi l4i hdm phanh. Sau khi hdm phanh, 6 t6 chuyén
dong cham dan déu véi van toc v(t) = -36t + 18 (m/s), trong d6 t 1a khoang thoi gian tinh bang gidy ké tir luc
bat diu hdm phanh. Hoi tir lic hdm phanh dén khi dimg han, 6 t6 con di chuyén bao nhiéu mét?

Phwong phap gidi:

Tim thoi gian t, dé xe dimg han tir lic ham phanh.
to

Tinh [v(t)dt.
0

Laoi giai chi tiét:
Khi 6 t6 dirng han thi v(t) =0« —36.t+18=0<1t=0,5 (s).

Quing dudng 6 t6 di chuyén duogc tir luc bit dau ham phanh dén khi dimg han la:

0,5 0,5 0,5
5(0,5) = j v(t)dt = j (-36t+18)dt =(-18t*+18t)| =-18.0,5"+18.0,5=4,5 (m).
0

0 0

Pap an: 4,5.
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Cau 2. ‘Mét cht dﬁﬁg cua mf)t'céi céhg c6 dahg mot d/uc‘mg‘ paia‘bol véi chidu cao OH = 4 m va khbéﬁg cach

giita hai chan cong 1a AB =4 m (hinh bén). Dién tich hinh phing giéi han boi dudng parabol va doan thing

AB bang bao nhiéu mét vuéng (Iam tron két qua dén hang phan mudi)?

0

A B

Phwong phap giai:

Chon h¢ truc toa do phu hop. Dya vao toa do cac diém thudc parabol dé tim phuong trinh cta parabol. Ttr do
g dung tich phan dé tinh dién tich hinh phang.

Loi giai chi tiét:

Chon hé truc toa do sao cho H tring vé6i gdc toa d, A va B ndm trén truc hoanh va B ¢6 hoanh d6 dwong. O
nam trén truc tung.

Cbdng parabol c6 phuong trinh dang Y = ax” +bx +¢ véi a < 0 vi bé 16m hudng xudng dudi.

Khi d6 H(0;0), A(-2;0), B(2;0) va O(0;4).

Vi A, B, H thudc parabol nén ta c6 h¢:

0=a2*+bh2+c _A=4a+2b .

a=-—
0=a.(-2)°+b.(-2)+c < —4:4a—2b<:>{b_O =y=-Xx"+4.
4=2a.0%+b.0+c 4=c \

Trén doan [-2;2], ta thdy parabol nam phia trén truc hoanh nén —x*+4>0 < |—X2 + 4| =—x*+4.

Dién tich hinh phang giéi han boi parabol va doan AB la:

2 2 3
H—x2 +4|dx = J.(—x2 +4)dx = (—%+4xj
) =

2 =(_2_3+4.2j-[-ﬂ+4.(—2)}=E—(—Ej=§~1o,7 (m?).
, U3 3 3 \3) 3

Pap an: 10,7.
Cau 3. Trong khong gian véi hé toa do Oxyz, cho diém A(2;4;1); B(—1;1;3) va mit phang (P): x — 3y + 2z —

5 = 0. Mot mit phang (Q) di qua hai diém A, B va vudng goc v6i mit phang (P) c6 dang ax + by + ¢z — 11 =
0. Tinha+b+c.

Phwong phap gidi:

Cip vecto chi phuong cua (Q) 1a vecto phap tuyén cua (P) va AB.

Ap dung biéu thuc toa d6 cta tich c6 hudng dé tim vecto phap tuyén caa (Q) rdi 14p phuong trinh.

Loi giai chi tiét:
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Vectophdptuyéncia (P lan, --32.
Taco n, =(1;,-3;2) va AB=(-1-2;1-4;3-1) =(-3;-3;2) la cip vecto chi phuong cua (Q).
AB=(-1-2;1-4;3-1) =(-3,-3,2)

Vecto phap tuyén cua (Q) 1a n,, = [nj@} =(0;-8,-12) .

Mt phing (Q) c6 vecto phap tuyén n,, = (0;-8;-12) va di qua A(2;4;1) c6 phuong trinh la:
0(x-2)-8(y—-4)-12(z-1) =0« -8y-122+44=0< 2y +3z-11=0.

Vaya+b+c=0+2+3=5,

Pap an: 5.

Cau 4. Mot phan thiét ké cia mot cong trinh dang x4y dyng c¢d dang nhu hinh bén, trong ¢6 ABCD 14 hinh
vudng canh 6 m, AM, BN, DP cung vuéng goc véi (ABCD), AM =4 m, BN =3 mva DP =2 m. Goc gitra
hai mat phang (ABCD) va (MNP) 1a n° (lam tron két qua dén hang don vi ciia d6, n 1a s6 nguyén duong).

Gia tri cua n la bao nhiéu?

Phwong phap giai:

Chon hé truc toa do pht hop. Lap phuong trinh mat phang (ABCD) va (MNP) rdi &p dung céng thtc tinh
g6c giira hai mat phang.

Lai giai chi tiét:

Chon hé truc toa do Oxyz sao cho A tring véi gbc toa do, B thudc tia Ox, D thudc tia Oy va M thudc tia Oz.
Khi d6: A(0;0:0), M(0;0:4), N(6;0;3), P(0;6;2) va mat phang (ABCD) tring véi mat phang (Oxy), hay
(ABCD) ¢6 phuong trinh tong quat z = 0.

MN = (6;0;-1); MP = (0;6;-2).

Vecto phap tuyén cia (MNP) 13 n = [WW] =(6;12;36)..

Phuong trinh mit phang (MNP) la:

6(x—0)+12(y—-0)+36(z—0) =0 <= 6x+12y+362=0<=> X +2y+62 =0.
Go6c giira hai mat phang (ABCD) va (MNP) 1a:

1.0+2.0+6.1 6441

cos((ABCD),(MNP))=\/12+22+62 N\l = ((ABCD), (MNP)) ~ 20°.

Dap an: 20.
_ PhanIV: Ty lugn 3 diem)
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Cau 1. Gia tri duong ctia tham sd m sao cho dién tich hinh phang giéi han boi do thi cia ham sb y =2x + 3
va cac duong thang y = 0, x = 0, x = m bang 10 1a bao nhiéu?

Phwong phap giai:
b
Ap dung cong thirc tinh dién tich ciia hinh phang S= _ﬂf (x)| dx.

Loi giai chi tiét:

Vi m >0, dién tich hinh phing la [[2x+3|dx =10 < [(2x+3)dx =10 < (x* +3x)| =10
0 0 0
) {m=2
om +3m=10< :
m=-5

Vi m duong nén loai m = -5. Vay m = 2 14 gia tri théa man yéu cau dé bai.

Dap an: 2.

Cau 2. Cho db thi biéu dién vén toc cua hai xe A va B khdi hanh cing mot lac va ciing vach xuat phat, di
cuing chiéu trén mot con dudng. Biét db thi biéu dién van tdc ciia xe A 1a mot dudng parabol va do thi biéu
dién van tdc ciia xe B 1a mot dudng thang nhu hinh v& bén. Hoi sau 5 gidy ké tir lc xuat phat thi khoang
cach gitra hai xe 12 bao nhiéu mét (Iam tron dén hang phan chyc va biét rang xe A s& dimng lai khi véan toc

bang 0)?

y
g
60 f---fmmmmmmm .
0 :‘3 4 *
Phwong phap giai:

Lap phuong trinh parabol va duong thang biéu dién vén toc. Ap dung tich phan dé tinh quang dudng tir cac
ham van tdc vira tim.

Laoi giai chi tiét:

Goi parabol V, biéu dién van toc xe A c6 phuong trinh y =a,x* +b,x +¢ va dudng thang Vv, biéu dién
van toc xe B ¢6 phuong trinh y =a X +bj.

Parabol v, di qua ba diém O(0;0), M(3;60) va N(4;0) nén ta co:
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\ O:a;.02+bA.0¥rc aA7:—20 - l
60=a,.3*+b,.3+c<><b, =80 = y=-20x>+80X.
0=a,.4*+b,.4+cC c=0

= y=20x.

. o O0=a;.0+b, b, =0
Vg la duong thang di qua hai diém O(0;0) va M(3;60) nén =

60=a5.3+Db, a; =20

4
Quang duong xe A di duoc sau 4 gidy la _[(—20x2 +80x)dx = % . Khix =4thi v, =0 nén xe dung sau 4
0

giay, di duoc quang duong bang %30

5
Quing dudng xe B di dugc sau 5 gidy 12 j 20xdx = 250 .
0

Khoang céch giira hai xe sau 5 giday la 250 —% = % ~36,7.

Pap an: 36,7.

Cau 3. Trong khong gian Oxyz, cho (P): x —y + z — 3 = 0 va A(5;6;7). Goi H(a;b;c) 14 hinh chiéu vudng goc

cua A trén (P). Tinh a + 2b + c.

Phwong phap giai:

Lap phuong trinh duong thang di qua A va vudng goc véi (P).

H 1a giao diém cua d va (P).

Loi giai chi tiét:

Goi d 1a duong thing qua A va vudng goc voi (P). Khi d6, d giao (P) tai H.

d 12 duong thang di qua A(5;6;7) va nhan u= (;—1;1) 1am vecto chi phuwong nén phuong trinh tham s6 cta d
X=5+1t

ay=6-t (teR).
z="7+t

H 1a giao diém ctiad va (P) nén tacd 5+t—(6—1)+7+t—3=0=3+3t=0=t=—1.

Vay H(4;7;6),suyraa+2b+c=4+7.2+6=24.

Dap an: 24.
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